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Thermal production of dark 
matter in the early universe
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Figure 3. A schematic representation of the DM relic density as a function of the coupling between
DM and the visible sector. The plot corresponds to a transition between regimes 1 and 2 in Fig. 1.

The required coupling values and assumptions of the initial abundance are not the only
di↵erences between the freeze-in and freeze-out scenarios, as also the relation between the
relevant mass scale and the bath temperature at the time of DM production is di↵erent.
In the freeze-out mechanism the relic abundance is produced at m�/T ' 10 . . . 30, whereas
for the freeze-in mechanism it arises during the epoch m/T ' 2 . . . 5 [19], where m is the
relevant mass scale in the DM production process. In the case of � ! �� decays this is
m�, and for annihilations �� ! �� it is max(m�,m�). Despite the fact that the decays
and annihilations of visible sector particles can start early and gradually build up the DM
abundance, the standard freeze-in involving only renormalizable operators is almost entirely
an IR process. This can be seen, in the simplest case where the DM is produced by decays of
bath particles, by either straightforwardly integrating Eq. (3.8) or considering the estimate
presented in Ref. [18], where in order to find the comoving DM number density at T ' m�,
one multiplies the number density of � particles by its decay rate and the time available for
these decays to populate the DM abundance,

n�

T 3
' t��!�� ' y2

MP

m�
, (3.13)

where t ⇠ MP/T 2 is the time-temperature relation for a radiation dominated Universe. The
result shows that the freeze-in is essentially an IR process, and is indeed consistent with
Eq. (3.9). The e↵ect of annihilations at higher temperatures has been further discussed in
Refs. [15, 240, 262, 266, 267].

The above calculation assumed that the initial number density of DM particles is neg-
ligible. Because the DM particles are assumed to have not been in thermal equilibrium with
the visible sector particles in the early Universe, their production mechanism can be sensitive
to the e↵ect of non-renormalizable operators, the so-called ultraviolet freeze-in [16, 19, 268–
273], or to the initial conditions set by cosmic inflation [259, 274–276]. This is again in
contrast to the freeze-out mechanism, where thermal equilibrium destroys all dependence on
initial conditions. This important feature of the freeze-in mechanism can be used to constrain
di↵erent models of feebly interacting DM, as we will discuss in Section 5.

– 12 –

(observed)

DM 
abundance

<latexit sha1_base64="8eISENrkq1jC7w3054rzQX/1ZNM=">AAACFHicbVC7TsMwFHXKq5RXgIGBxaJCYqoSQNCxEgtjkehDaqLKcZ3Uqu1EtlOpivob/AAr/AEbYmXnB/gOnDQDtBzJ0vE592GfIGFUacf5sipr6xubW9Xt2s7u3v6BfXjUVXEqMengmMWyHyBFGBWko6lmpJ9IgnjASC+Y3OV+b0qkorF41LOE+BxFgoYUI22koX3iMSQiRqCnaMQRnHqyuA/tutNwCsBV4pakDkq0h/a3N4pxyonQmCGlBq6TaD9DUlPMyLzmpYokCE9QRAaGCsSJ8rPiA3N4bpQRDGNpjtCwUH93ZIgrNeOBqeRIj9Wyl4v/egnNBy5t12HTz6hIUk0EXiwPUwZ1DPOE4IhKgjWbGYKwpOb9EI+RRFibHGsmGHc5hlXSvWy4N42rh+t6q1lGVAWn4AxcABfcgha4B23QARjMwTN4Aa/Wk/VmvVsfi9KKVfYcgz+wPn8Aa1ee1Q==</latexit>

h�vi

evidence standard production mechanisms ‘pandemic’ production

fr
ee

ze
-i

n

freeze-out



 (Torsten Bringmann) ‒Thermal Production of DM  2

Part I
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Dark matter all around

overwhelming evidence on all scales! 

Figure 1: The galaxy distribution obtained from spectroscopic redshift surveys and from mock

catalogues constructed from cosmological simulations. The small slice at the top shows the CfA2

“Great Wall”3, with the Coma cluster at the centre. Drawn to the same scale is a small section of the

SDSS, in which an even larger “Sloan Great Wall” has been identified100. This is one of the largest

observed structures in the Universe, containing over 10,000 galaxies and stretching over more than 1.37

billion light years. The wedge on the left shows one-half of the 2dFGRS, which determined distances

to more than 220,000 galaxies in the southern sky out to a depth of 2 billion light years. The SDSS

has a similar depth but a larger solid angle and currently includes over 650,000 observed redshifts

in the northern sky. At the bottom and on the right, mock galaxy surveys constructed using semi-

analytic techniques to simulate the formation and evolution of galaxies within the evolving dark matter

distribution of the “Millennium” simulation5 are shown, selected with matching survey geometries and

magnitude limits.
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Galactic scales

GNm�
M(r < R)

R2
= m�

v2

R

Newton:

‘missing’ mass

Rotation curves no longer main argument           
for existence of dark matter !!!
observed rotation curves rather diverse
other potential explanations (for this particular discrepancy)
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Cosmological scales
Image credit: Jimmy Harris

add tiny initial 
perturbations to 
background evolution

Strong impact 
of dark matter

Gravitational 
clustering (in 
linear regime) 
and collapse 
(non-linear)

<latexit sha1_base64="Zo8ADRqnuiKmfHFHC91p9aKsf18="></latexit>

H
2 ⌘

✓
ȧ
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Figure 5: Schematic plot of the evolution of density pertirbations in di◆erent components. Here,
� = �⇥/⇥, and � is the gravitational potential. The left dashed vertical line is the time of horizon
crossing of a mode considered.

primordial scalar perturbations are in the adiabatic mode. The definition of the adiabatic mode is
that the particle content is one and the same throughout the Universe. In other words, adiabatic
mode would appear if one contracts or expands some regions of the Universe without changing the
chemical composition of matter in these regions. The invariant and time independent characteristic of
the baryon abundance is the ratio nB/s of the baryon number density to the entropy density. Hence,
in the adiabatic mode nB/s is constant in time and space. Likewise, the ratio of the number density of
dark matter particles to the entropy density nDM/s is a universal constant. Since s � T 3 and ⇥� � T 4,
for the adiabatic mode in super-horizon regime we have8:

�⇥DM

⇥DM
=

3

4

�⇥�
⇥�

=
�⇥B
⇥B

=
3

4

�⇥⇥
⇥⇥

= R(k). (45)

After the horizon entry, the perturbations in the baryon–photon and dark matter components start
to evolve. This evolution is linear (perturbations are small) up until recombination, so we have at
recombination

�DM(k) = TDM(k)R(k), (46)
A(k) = TB�(k)R(k). (47)

The functions TDM and TB� are called transfer functions. They describe how the perturbations in
di◆erent media evolve. Yet �DM and A at recombination are proportional to one and the same random
field R, and they add up coherently.

8The relations (45) are valid in the conformal Newtonian gauge. A convenient gauge-invariant definition of R is the
spatial curvature of comoving hypersurfaces.
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tCMB

 6

Cosmological scales
⇢(t,x) = ⇢̄(t)[1 + �(t,x)]Linear gravity

observationally fixed:

�T/TCMB ⇠ � ⌘ |⇢� ⇢̄|/⇢̄ ⇠ 10�5
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Without DM, we’d still 
be in the linear regime: 
no galaxies, stars, 
planets, …!

Non-linear evolution
Need simulations

Dark matter required to reach 
~perfect agreement with 
observations (at large scales)

radiation 
domination matter domination Λ domination
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From evidence to precision
DM is a crucial ingredient of cosmological SM!
constant co-moving energy density
only gravitational interactions
cold + dissipation-less

Image credit: KIAS

Percent-level 
measurements of a 
single parameter!

⌦CDMh2 = 0.1188± 0.0010
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Ade+ [Planck Coll.],  A&A ‘16

only gravitational

ΩCDM decrease of up to 10% possible during matter domination! 
(model-independent; NB: much more allowed during RD) TB, Kahlhoefer, Schmidt-Hoberg & Walia,  PRD ‘18

DM conversion into (in)visible energy? 
E.g. decays, late-time annihilation, coalescing PBHs, …

constant density

Q: Can’t we explain all this also 
by modified gravity?

[though definitely yes for selected observations]A: No!



 (Torsten Bringmann) Thermal Production of DM ‒  8

Candidates
Existence of (particle) DM = evidence for BSM physics!
+ rather good handle on what it is not

Unfortunately, this still leaves too many options…

PoS(ICRC2015)005

Dark Matter Candidates: Status and Perspectives Tim M.P. Tait

Theories of 
Dark Matter

mSUGRA

R-parity
Conserving

Supersymmetry

pMSSM

R-parity
violating

Gravitino DM

MSSM NMSSM

Dirac
DM

Extra Dimensions

UED DM

Warped Extra 
Dimensions

Little Higgs

T-odd DM

5d

6d

Axion-like Particles

QCD Axions

Axion DM

Sterile Neutrinos

Light
Force Carriers

Dark Photon

Asymmetric DM

RS DM

Warm DM

?

Hidden
Sector DM

WIMPless DM

Littlest Higgs

Self-Interacting
DM

Q-balls

T Tait

Solitonic DM

Quark
Nuggets

Techni-
baryons

Dynamical 
 DM

Figure 1: (Incomplete) Venn diagrams of theories of dark matter.

1. Introduction

The evidence for dark matter is overwhelming [1], and points to the need for what is most
likely a new quantum field which must supplement the Standard Model (SM) of particle physics.
The identification of this field is thus of paramount importance in order to extend the Standard
Model. Seeing how dark matter fits together with the Standard Model structure is a likely to
provide key insights into fundamental physics and may reveal new principles of Nature. A wide
variety of experimental searches aimed at uncovering clues are underway. In this talk I provide an
over-view of theoretical ideas for what could constitute the dark matter (Sec. 2) and discuss the
current status of experimental searches (Sec. 3). I apologize in advance that because each of these
areas are wide fields in themselves, my discussion will by necessity be somewhat personalized and
incomplete. I must further apologize that references are largely to reviews or other talks at the
conference, and are intended more as a starting point for an interested reader to learn more rather
than a fair historical representation of the literature.

2. Candidates

There are a wide variety of the theoretical ideas as to what might constitute the dark matter
(see Fig. 1). In terms of its particle physics properties, a viable dark matter candidate must satisfy

2

credit: Tim Tait

Baer+, Phys.Rep. ‘15
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Black holes (I)
Wouldn’t (super-)solar mass 
black holes be an “obvious” / 
“conventional” candidate?

     [#       2017, 2020]

Conclusion does not 
change for large black 
hole clustering…

5

10-5 10-3 10-1 101
10-7
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FIG. 3. Left. Constraints on the allowed fraction fPBH of PBH DM as a function of the initial PBH mass m0 for large
clustering (�dc,0 = 106) in the merger cascade scenario. The thinner black lines indicate contours of the rate-averaged PBH
mass mavg = (

P
j Rjmj)/

P
j Rj at z = 0. Right. Combined constraints on fPBH for di↵erent clustering parameters �dc,0.

power spectrum is the Hubble time. Consequently, the
resulting PBH mass distribution is expected to be rather
broad, since the range of enhanced length scales is ex-
ponentially sensitive to this time-scale [55] (though no-
table exceptions exist [56–59]). More generally, even if
the spectrum of enhanced scalar perturbations is essen-
tially monochromatic, the process of collapsing the initial
perturbations into PBHs obeys a critical scaling relation,
implying a finite width for the resulting PBH mass spec-
trum [5]. Here we discuss how the results in the main
text are a↵ected by relaxing the assumptions of an ini-
tially monochromatic PBH mass distribution.

To model an extended PBH mass function, we consider
the lognormal mass distribution

 log(m) =
fPBH,1
p
2⇡�m

exp

✓
log2(m/m0)

2�2

◆
, (12)

where � encodes the width of the distribution centered
around the reference scale m0. This distribution is nor-
malized so that fPBH,1 =

R1
0

dm (m). Note that for
computational simplicity, we fix the PBH fraction of DM
at z ! 1 in this Section as indicated by the subscript1.
In our scenario of multiple mergers, the strongest con-
straints on the PBH abundance arise from the bounds on
the SGWB and from the observed merger rate in LIGO,
see Fig. 3. Consequently we will focus on the impact of
the distribution (12) on these two quantities, noting that
in particular significant changes in the (hierarchy of) the
merger rates at the individual steps could potentially en-
tail significant changes in our computations.

Fig. 4 shows the time evolution of the merger rate (in-
tegrated over all masses) for di↵erent mass distributions
for a single merger step, obtained by re-instating an ex-
tended mass function in Eq. (6). Here, the coalescence
time depends on the masses of the PBHs in the binary
(m(1) and m

(2)) and the third PBH (m(3)) providing an-
gular momentum, and the number density of PBH triples

is now given by

dnlog/mono

3,0 (x, y) =
⇢PBH,1

2
e�N(y)(4⇡⇢PBH,1�dc,0)

2

x
2
y
2 dx dy

3Y

i=1

 log/mono

m(i)
dm(i)

, (13)

where

⇢PBH,1 = lim
z!1

(1 + z)�3
⇢PBH(z) , (14)

N(y) =

Z y

0

dỹ

Z m

0

dm̃

4⇡ỹ2�dc,0⇢PBH,1
 log/mono(m̃)

m̃
, (15)

 mono(m) = fPBH,1�(m�m0) . (16)

For more details see [27]. We note that the time evo-
lution of this merger rate does not change significantly
when going from a monochromatic to a lognormal mass
distribution. This situation only changes at very late
times, when the merger rate of this single merger step
has however anyway dropped to a small value (note the
additional factor of a2 in Fig. 4). For the density con-
trast employed in Fig. 4, �dc,0 = 106, subsequent steps
start to dominate the total merger rate for a & 5 · 10�5

and a & 10�6 for m0 = 0.01 M� and m0 = 1 M�, re-
spectively. In conclusion, both the hierarchy among the
merger times of the individual merger steps as well as
the total amount of mergers are not significantly altered
when assuming a rather narrow lognormal mass distribu-
tion. For broader distributions the rate is even enhanced.
The SGWB for the lognormal distribution (12) was

studied in [27] for a single merger step, finding (for
� = 1) a similar GW spectrum as in the monochromatic
case. Since the GW radiation from early PBH merg-
ers experiences a significant redshift, the SGWB in the
multiple merger scenario is dominated by the very last

TB, Depta, 
Hufnagel & 
Schmidt-
Hoberg, 
PRD ‘19
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power spectrum is the Hubble time. Consequently, the
resulting PBH mass distribution is expected to be rather
broad, since the range of enhanced length scales is ex-
ponentially sensitive to this time-scale [55] (though no-
table exceptions exist [56–59]). More generally, even if
the spectrum of enhanced scalar perturbations is essen-
tially monochromatic, the process of collapsing the initial
perturbations into PBHs obeys a critical scaling relation,
implying a finite width for the resulting PBH mass spec-
trum [5]. Here we discuss how the results in the main
text are a↵ected by relaxing the assumptions of an ini-
tially monochromatic PBH mass distribution.

To model an extended PBH mass function, we consider
the lognormal mass distribution

 log(m) =
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where � encodes the width of the distribution centered
around the reference scale m0. This distribution is nor-
malized so that fPBH,1 =

R1
0

dm (m). Note that for
computational simplicity, we fix the PBH fraction of DM
at z ! 1 in this Section as indicated by the subscript1.
In our scenario of multiple mergers, the strongest con-
straints on the PBH abundance arise from the bounds on
the SGWB and from the observed merger rate in LIGO,
see Fig. 3. Consequently we will focus on the impact of
the distribution (12) on these two quantities, noting that
in particular significant changes in the (hierarchy of) the
merger rates at the individual steps could potentially en-
tail significant changes in our computations.

Fig. 4 shows the time evolution of the merger rate (in-
tegrated over all masses) for di↵erent mass distributions
for a single merger step, obtained by re-instating an ex-
tended mass function in Eq. (6). Here, the coalescence
time depends on the masses of the PBHs in the binary
(m(1) and m

(2)) and the third PBH (m(3)) providing an-
gular momentum, and the number density of PBH triples
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For more details see [27]. We note that the time evo-
lution of this merger rate does not change significantly
when going from a monochromatic to a lognormal mass
distribution. This situation only changes at very late
times, when the merger rate of this single merger step
has however anyway dropped to a small value (note the
additional factor of a2 in Fig. 4). For the density con-
trast employed in Fig. 4, �dc,0 = 106, subsequent steps
start to dominate the total merger rate for a & 5 · 10�5

and a & 10�6 for m0 = 0.01 M� and m0 = 1 M�, re-
spectively. In conclusion, both the hierarchy among the
merger times of the individual merger steps as well as
the total amount of mergers are not significantly altered
when assuming a rather narrow lognormal mass distribu-
tion. For broader distributions the rate is even enhanced.
The SGWB for the lognormal distribution (12) was

studied in [27] for a single merger step, finding (for
� = 1) a similar GW spectrum as in the monochromatic
case. Since the GW radiation from early PBH merg-
ers experiences a significant redshift, the SGWB in the
multiple merger scenario is dominated by the very last

c.f. García-Bellido & Clesse, PDU ’18
…

Strongly constrained by micro-lensing and CMB!
   Black holes can only be a  sub-dominant DM component

S1 orbit

overview: 
Carr, Kohri, Sendouda & 
Yokoyama, 2002.12778
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FIG. 10. Constraints on f(M) from evaporation (red), lensing (magenta), dynamical e↵ects (green), accretion (light blue),
CMB distortions (orange), large-scale structure (dark blue) and background e↵ects (grey). Evaporation limits come from the
extragalactic gamma-ray background (EGB), the Galactic gamma-ray background (GGB) and Voyager e± limits (V). Lensing
e↵ects come from femtolensing (F) and picolensing (P) of gamma-ray bursts, microlensing of stars in M31 by Subaru (HSC),
in the Magellanic Clouds by MACHO (M) and EROS (E), in the local neighbourhood by Kepler (K), in the Galactic bulge by
OGLE (O) and the Icarus event in a cluster of galaxies (I), microlensing of supernova (SN) and quasars (Q), and millilensing
of compact radio sources (RS). Dynamical limits come from disruption of wide binaries (WB) and globular clusters (GC),
heating of stars in the Galactic disk (DH), survival of star clusters in Eridanus II (Eri) and Segue 1 (S1), infalling of halo
objects due to dynamical friction (DF), tidal disruption of galaxies (G), and the CMB dipole (CMB). Accretion limits come
from X-ray and radio (X/R) observations, CMB anisotropies measured by Planck (PA) and gravitational waves from binary
coalescences (GW). Background constraints come from CMB spectral distortion (µ), 2nd order gravitational waves (GW2) and
the neutron-to-proton ratio (n/p). The incredulity limit (IL) corresponds to one hole per Hubbble volume. Constraints shown
by broken lines are insecure and probably wrong but included for historical completeness; those shown by a dotted line depend
upon some additional assumptions.

A. Evaporation Constraints

For PBHs somewhat larger than M⇤ , one can use the �-ray background to constrain the value of f(M) , this being
equivalent to the constraint on �(M) derived in Sec. II C 1. For M > 2M⇤ , one can neglect the change of mass
altogether and the time-integrated spectrum dN�/dE of photons from each PBH is just obtained by multiplying the
instantaneous spectrum dṄ�/dE by the age of the Universe t0 . For PBHs of mass M , the discussion in the appendix
of Ref. [101] gives

dN�

dE
/

(
E3 M3 (E < M�1)

E2 M2 e�EM (E > M�1) ,
(56)

Primordial black holes can be much smaller

Carr, Kohri, 
Sendouda & 
Yokoyama, 
2002.12778

But this would also not be “SM physics” … !
formation (+ requirement of             ) requires BSM physics

<latexit sha1_base64="EkwMPD93N8ug5a4JsPGexFaOoCI=">AAACD3icbVBNSgMxGM3Uv1r/prp0EyyCqzKRgi5L3XRZwdpCOwyZNNOGJpkhyShl6B28gFu9gUtx6xG8gOcw085CWx988Hjv++OFCWfaeN6XU9rY3NreKe9W9vYPDo/c6vG9jlNFaJfEPFb9EGvKmaRdwwyn/URRLEJOe+H0Jvd7D1RpFss7M0uoL/BYsogRbKwUuNUoyIZKwE6rPR9qJiAK3JpX9xaA6wQVpAYKdAL3eziKSSqoNIRjrQfIS4yfYWUY4XReGaaaJphM8ZgOLJVYUO1ni9fn8NwqIxjFypY0cKH+nsiw0HomQtspsJnoVS8X//USli9cuW6iaz9jMkkNlWR5PEo5NDHMs4EjpigxfGYJJorZ/yGZYIWJsQlWbDBoNYZ10ruso0YdodtGrdkqMiqDU3AGLgACV6AJ2qADuoCAR/AMXsCr8+S8Oe/Ox7K15BQzJ+APnM8fbvub9Q==</latexit>

fPBH ⇠ 1

D
M

<latexit sha1_base64="EkwMPD93N8ug5a4JsPGexFaOoCI=">AAACD3icbVBNSgMxGM3Uv1r/prp0EyyCqzKRgi5L3XRZwdpCOwyZNNOGJpkhyShl6B28gFu9gUtx6xG8gOcw085CWx988Hjv++OFCWfaeN6XU9rY3NreKe9W9vYPDo/c6vG9jlNFaJfEPFb9EGvKmaRdwwyn/URRLEJOe+H0Jvd7D1RpFss7M0uoL/BYsogRbKwUuNUoyIZKwE6rPR9qJiAK3JpX9xaA6wQVpAYKdAL3eziKSSqoNIRjrQfIS4yfYWUY4XReGaaaJphM8ZgOLJVYUO1ni9fn8NwqIxjFypY0cKH+nsiw0HomQtspsJnoVS8X//USli9cuW6iaz9jMkkNlWR5PEo5NDHMs4EjpigxfGYJJorZ/yGZYIWJsQlWbDBoNYZ10ruso0YdodtGrdkqMiqDU3AGLgACV6AJ2qADuoCAR/AMXsCr8+S8Oe/Ox7K15BQzJ+APnM8fbvub9Q==</latexit>

fPBH ⇠ 1 open mass window for             ! Katz, Kopp & Sibiryakov, JCAP ‘18

Black holes (II)
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Part II
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The origin of dark matter
Existence of (particle) DM = evidence for BSM physics

Any convincing model for dark matter must include a 
production mechanism that can explain the observed 
abundance!
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SM DM

Let’s postulate some interaction with the primordial heat bath: 
[     symmetry not strictly necessary, but automatically guarantees stability of DM]
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Boltzmann equation
Evolution of DM phase-space density:
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Detailed balance:  ‘production’ = ‘annihilation’ in equilibrium
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Pauli suppression / Bose enhancement
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Weakly Interacting Massive Particles
well-motivated from particle physics [SUSY, EDs, …]
thermal production in early universe:

Torsten Bringmann, Stockholm

The WIMP “miracle”

In the early universe, the WIMP
number density n is determined by
the Boltzmann equation

dn

dt
+ 3Hn = −〈σv〉

(

n2 − n2
eq

)

Once the interaction rate falls be-
hind the expansion rate of the uni-
verse, WIMPs decouple from the
thermal bath. Today, their relic
density is then given by: Jungman, Kamionkowski & Griest, PR ’96

ΩWIMPh2 ∼3·10−27cm3s−1

〈σv〉 = O(0.1) [for interaction strengths of the weak type]

New Gamma-Ray Contributions – p.9/32

(thermal average)

dn�

dt
+ 3Hn� = �⇥�v⇤

�
n2

� � n2
�eq

⇥

��� SM SM

time

increasing��v⇥

a3
n

�

Fig.: Jungman, Kamionkowski & Griest, PR’96

��v⇥ :

“Freeze-out” when annihilation 
rate falls behind expansion rate

n�eq

Relic density (today): ��h2 � 3 · 10�27cm3/s
⇥�v⇤ � O(0.1)

for weak-scale 
interactions!

= a ‘miracle’ ?

��h2 � 3 · 10�27cm3/s
⇥�v⇤ � O(0.1)
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WIMP DM is a predictive scenario

at colliders

directly indirectly

�

SM

�

SM

� SM

� SM

�SM

�SM

WIMP DM is seriously pressured, 
but certainly not (yet) ‘dead’ !

Arcadi+, EPJC ’18
Athron+, 2106.02056

(+ many more)

Same interaction can be probed today, in multiple ways:
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Example: indirect detection constraints

Acharyya+, JCAP ’21
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Thermal h�vi (DarkSUSY)

signal: Einasto, bb̄

CTA GC projection, this work

HESS GC

Fermi dSphs (6 years) + MAGIC Segue 1

Fermi dSphs (18 years) + LSST, projection

Figure 14: The CTA sensitivity curves derived in this work (black line, see Fig. 5) for the
bb̄ (�left) and W

+
W

� (right) channels, shown together with the current limits from Fermi-
LAT observation of dSph galaxies (cyan) [177] and H.E.S.S. observations of the GC (purple)
[165]. In addition we show the projection [190] of the Fermi-LAT sensitivity where future
dSphs discoveries with LSST are taken into account (dashed green). Note that the projected
sensitivity of CTA shown here includes our estimate of systematic uncertainties (1% overall
normalisation error and a spatial correlation length of 0.1�); for the corresponding results for
the initial construction configuration of CTA, see Appendix A.

DM, and to significantly extend the range of DM masses where we can robustly probe the
theoretically important benchmark that is provided by the thermal annihilation rate. In that
sense CTA will indeed provide a unique opportunity to test the WIMP paradigm, in particular
when keeping in mind that even annihilation rates a factor of a few larger than the ‘thermal’
annihilation rate are not uncommon among proposed models to explain the particle nature of
DM. In Appendix A we demonstrate that much of the discovery space remains available even
for the reduced observational programme associated with the initial construction configuration
of CTA – though of course the baseline array considered in the main text will clearly probe
more of the critical parameter space and hence have a significantly better leverage to test the
WIMP hypothesis. For either of these scenarios we believe that the chance to obtain unique
clues about the nature of DM, newly assessed and confirmed here, makes this part of CTA’s
science programme truly imperative.

– 34 –
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Feably Interacting Massive Particles
alternative production from thermal 
bath with much smaller interactions
DM never equilibrates in this case 

1 10 100

10
�15

10
�12

10
�9

Y

x = m/T

Figure 1: Log-Log plot of the evolution of the relic yields for conventional freeze-
out (solid coloured) and freeze-in via a Yukawa interaction (dashed coloured) as a
function of x = m/T . The black solid line indicates the yield assuming equilibrium is
maintained, while the arrows indicate the e↵ect of increasing coupling strength for the
two processes. Note that the freeze-in yield is dominated by the epoch x ⇠ 2 � 5, in
contrast to freeze-out which only departs from equilibrium for x ⇠ 20� 30.

of the freeze-out mechanism is that for renormalisable couplings the yield is dominated by low
temperatures with freeze-out typically occurring at a temperature a factor of 20 � 25 below the
DM mass, and so is independent of the uncertain early thermal history of the universe and possible
new interactions at high scales.

Are there other possibilities, apart from freeze-out, where a relic abundance reflects a com-
bination of initial thermal distributions together with particle masses and couplings that can be
measured in the laboratory or astrophysically? In particular we seek cases, like the most attractive
form of freeze-out, where production is IR dominated by low temperatures of order the DM mass,
m, and is independent of unknown UV quantities, such as the reheat temperature after inflation.

In this paper we show that there is an alternate mechanism, “freeze-in”, with these features.
Suppose that at temperature T there is a set of bath particles that are in thermal equilibrium and
some other long-lived particle X, having interactions with the bath that are so feeble that X is
thermally decoupled from the plasma. We make the crucial assumption that the earlier history
of the universe makes the abundance of X negligibly small, whether by inflation or some other
mechanism. Although feeble, the interactions with the bath do lead to some X production and,
for renormalisable interactions, the dominant production of X occurs as T drops below the mass
of X (providing X is heavier than the bath particles with which it interacts). The abundance of
X “freezes-in” with a yield that increases with the interaction strength of X with the bath.

Freeze-in can be viewed as the opposite process to freeze-out. As the temperature drops below
the mass of the relevant particle, the DM is either heading away from (freeze-out) or towards
(freeze-in) thermal equilibrium. Freeze-out begins with a full T 3 thermal number density of DM

2

Hall+, JHEP ’10

Increasing interaction 
rate for freeze-in
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Figure 3. A schematic representation of the DM relic density as a function of the coupling between
DM and the visible sector. The plot corresponds to a transition between regimes 1 and 2 in Fig. 1.

The required coupling values and assumptions of the initial abundance are not the only
di↵erences between the freeze-in and freeze-out scenarios, as also the relation between the
relevant mass scale and the bath temperature at the time of DM production is di↵erent.
In the freeze-out mechanism the relic abundance is produced at m�/T ' 10 . . . 30, whereas
for the freeze-in mechanism it arises during the epoch m/T ' 2 . . . 5 [19], where m is the
relevant mass scale in the DM production process. In the case of � ! �� decays this is
m�, and for annihilations �� ! �� it is max(m�,m�). Despite the fact that the decays
and annihilations of visible sector particles can start early and gradually build up the DM
abundance, the standard freeze-in involving only renormalizable operators is almost entirely
an IR process. This can be seen, in the simplest case where the DM is produced by decays of
bath particles, by either straightforwardly integrating Eq. (3.8) or considering the estimate
presented in Ref. [18], where in order to find the comoving DM number density at T ' m�,
one multiplies the number density of � particles by its decay rate and the time available for
these decays to populate the DM abundance,

n�

T 3
' t��!�� ' y2

MP

m�
, (3.13)

where t ⇠ MP/T 2 is the time-temperature relation for a radiation dominated Universe. The
result shows that the freeze-in is essentially an IR process, and is indeed consistent with
Eq. (3.9). The e↵ect of annihilations at higher temperatures has been further discussed in
Refs. [15, 240, 262, 266, 267].

The above calculation assumed that the initial number density of DM particles is neg-
ligible. Because the DM particles are assumed to have not been in thermal equilibrium with
the visible sector particles in the early Universe, their production mechanism can be sensitive
to the e↵ect of non-renormalizable operators, the so-called ultraviolet freeze-in [16, 19, 268–
273], or to the initial conditions set by cosmic inflation [259, 274–276]. This is again in
contrast to the freeze-out mechanism, where thermal equilibrium destroys all dependence on
initial conditions. This important feature of the freeze-in mechanism can be used to constrain
di↵erent models of feebly interacting DM, as we will discuss in Section 5.

– 12 –

Smooth transition between two regimes:
Fig: Bernal+, IJMP ’17

observed DM abundance
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Collision term for FIMPs 

‘production’ ‘annihilation’
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We stress that in arriving at this result we did not make any assumptions about the actual

phase-space distribution of the DM particles, other than f� ⌧ 1 (assumption 1 above).

This implies that the r.h.s. of the Boltzmann equation for the number density can be

written as

C[f�] = h�vi��!  

�
n

MB

�

�2

, (2.6)
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Here, vMøl ⌘ F/(EẼ) ⌘
q

(p · p̃)2 � m4
�/(EẼ) is the Møller velocity and ���!  is the

in-medium annihilation cross section in the cosmic rest frame, i.e. taking into account the

e↵ect of quantum statistics in the final state:
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where the spin-averaged amplitude squared is as usual denoted as
��M

��2 ⌘ |M|2 /g
2
�.

Let us briefly pause, and compare our result to the situation in the standard freeze-out

scenario [27] where, formally, the DM production term is identical to that in eq. (2.6). The

physical di↵erence is two-fold: i) during the freeze-out of non-relativistic particles, f
MB
�

describes the actual equilibrium distribution, and ii) in-medium e↵ects due to quantum

statistics are irrelevant for the annihilation cross section; this is because energy conserva-

tion restricts the SM phase-space densities to their high-energy tails, thus e↵ectively im-

plementing ‘" = 0’ in eq. (2.8). Still, as we will demonstrate below, the fact that eqs. (2.6,

2.7) take the same form as in the freeze-out case is highly beneficial both from the point

of view of the numerical implementation and when estimating higher-order corrections to

the scattering cross sections.

2.2 Relativistic collision operator for quantum gases

Evaluating the phase-space integrals appearing in eq. (2.7) is most easily done in the centre-

of-mass (CMS) frame. This has the additional advantage that the final result will also

depend on the annihilation cross section in that frame (or any other frame boosted along

the collision axis), and thus on the standard frame in which cross sections are typically

stated. From now on, ���!  will thus always refer to the CMS cross section; in particular,

we will drop the explicit dependence on (p, p̃) to avoid confusion with the cross section in

the cosmic frame appearing in eq. (2.7). Neglecting quantum statistics factors in eq. (2.8),

then results in the often quoted expression for the thermally averaged annihilation cross

section as derived by Gelmini and Gondolo [27]:
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annihilation of would-be MB population

This allows to rewrite the thermal average appearing in eq. (2.7) in the following, compact

form:
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Eq. (2.14), along with eqs. (2.11, 2.12), constitutes one of our central results. We stress

that it is valid under fairly general conditions, and applies independently of whether either

of the � or  particles is self-conjugate or not. In fact, eqs. (2.12, 2.14) take the same form

also for DM annihilation processes where the two final-state (SM) particles have di↵erent

masses; only the expression for G(�, s, cos ✓) in eq. (2.11) has to be replaced in that case,

and we state the corresponding generalised version in appendix B. In the same appendix,

we also provide analytical results for the angular integration in eq. (2.12) for the case of

amplitudes without dependence on the scattering angle,
��M

��2 =
��M

��2(s). We finally note

that without in-medium e↵ects due to quantum statistics, i.e. for G ⌘ 1, the integral over

� in eq. (2.14) can be performed analytically, leading as expected to the familiar result

stated in eq. (2.9).

To summarise this Section so far, the Boltzmann equation governing the evolution of

the � number density in the freeze-in regime can always be written as

ṅ� + 3Hn� = h�vi
�
n

MB

�

�2

, (2.15)

where � may be self-conjugate (� = �̄) or not, and we introduced the total DM annihilation

rate as � ⌘
P

i,j
���̄! i j , the sum being over all heat bath particles  i. Despite its

appearance, this equation fully takes into account both relativistic kinematics and the

e↵ect of quantum statistics. Writing it in this form, thus stressing the formal analogy with

the production term for freeze-out in the non-relativistic limit, is clearly advantageous

from a numerical implementation point of view, c.f. appendix A; as we will see in Section

4, furthermore, it also allows a more sophisticated treatment of DM production from the

heat bath through an o↵-shell Higgs resonance (compared to what is easily achievable with

the standard formulation). It is also worth stressing that, in contrast to the freeze-out

situation, the above Boltzmann equation for n� can be straight-forwardly solved by direct

integration. This becomes more apparent when rewriting it as

dY�

dx
=

�
n

MB
�

�2

xsH̃
h�vi , (2.16)

where we have assumed entropy conservation and denoted the abundance of � as Y� ⌘ n�/s,

with s being the entropy density; we also introduced H̃ ⌘ H/ [1 + (1/3)d(log g
s

e↵
)/d(log T )]

and the e↵ective entropy degrees of freedom, g
s

e↵
. Integrating this equation for x ! 1

then gives the abundance of � today, Y
0
� , which is related to the observed DM density as

⌦DMh
2 = 2.755 ⇥ 1010 (m�/100 GeV) (2/N�) Y

0
� , with N� = 2 (1) for self-conjugate (not

self-conjugate) DM particles �.

2.3 Dark matter production from decay

While our emphasis is on 2 ! 2 processes, we note that freeze-in production of DM is also

possible through the decay A ! �� of some bosonic particle A. The general form of the
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of view of the numerical implementation and when estimating higher-order corrections to
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of-mass (CMS) frame. This has the additional advantage that the final result will also
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the collision axis), and thus on the standard frame in which cross sections are typically

stated. From now on, ���!  will thus always refer to the CMS cross section; in particular,

we will drop the explicit dependence on (p, p̃) to avoid confusion with the cross section in
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Case study
Scalar Singlet DM

5 Freeze-in of scalar singlet dark matter

We now apply the largely model-independent formalism outlined in the previous sections to
a specific DM model. For this purpose we consider a new real singlet scalar S, which is
stabilised by a Z2 symmetry. The most general renormalisable Lagrangian is then

L =
1

2
@µS@

µ
S +

1

2
µ
2
SS

2 +
1

2
�hsS

2|H|2 + 1

4
�sS

4
. (5.1)

After EWSB the term involving the Higgs field induces terms proportional to h
2
S
2, vhS2

and vS
2. The latter gives a contribution to the scalar singlet mass, which as a result is given

by

ms(T ) =

r
µ
2
S
+

1

2
�hsv(T )2 . (5.2)

This e↵ect leads to a temperature dependence of the mass term even if the scalar singlet is
not in equilibrium with the SM thermal bath.

In the following we will be interested in the case where the phenomenology of the model
is driven by ms and �hs. In particular, we assume that �hs is su�ciently small that the
scalar singlet never entered into thermal equilibrium with the SM heat bath and that its relic
abundance is determined by the freeze-in mechanism.4 The latter requirement also means
that the quartic self-coupling �s should be smaller than very roughly 10�3(ms/GeV)1/3, in
order to avoid equilibration of the scalar singlet with itself via 2 $ 4 processes [29, 51].

The processes that contribute to the freeze-in yield are fundamentally di↵erent before
and after the EWPT. In the former case, the only process that leads to the production
of scalar singlets is HH ! SS, which in our approach is calculated by considering the
annihilation cross section for SS ! HH. In the latter case, on the other hand, a multitude of
SM states can contribute and we need to calculate the annihilation cross section for processes
like SS ! h

⇤ ! ff̄ . Hence, the di↵erential equation that determines the yield Ys, Eq. (2.16),
needs to be solved separately for T > Tc and T < Tc, with continuity of Ys imposed as the
boundary condition between the two regimes.

For ms < mh/2 one finds that the dominant contribution to the scalar singlet yield
stems from temperatures T ⇠ mh/2. This can equivalently be interpreted as either equilib-
rium decays of SM Higgs bosons or annihilations enhanced by an s-channel resonance (see
section 2.3). For ms > mh/2, on the other hand, there is no such resonant enhancement,
as the decays of on-shell Higgs bosons into scalar singlets are kinematically forbidden. In
this case freeze-in production proceeds dominantly via o↵-shell Higgs decays at higher tem-
peratures, such that the thermal e↵ects discussed in sections 3 and 4 become particularly
relevant.

Another interesting scenario is that the reheating temperature TR is small compared to
the Higgs boson mass: TR ⌧ mh. In this case the density of Higgs bosons in the thermal
plasma is exponentially suppressed for all relevant temperatures and there is no resonant
enhancement of the freeze-in production even for ms < TR. Instead, the processes relevant
for the freeze-in production of scalar singlets can be written as an e↵ective dimension-5
operator of the form

L � 1

⇤f

f̄fS
2
, (5.3)

4The regime where scalar singlet DM is produced via the freeze-out mechanism has been extensively studied
elsewhere [20, 21, 23, 24, 50].

– 18 –

before EWSB:
<latexit sha1_base64="43pddCJFNm7ZX1qUiK2HiCtGFyM=">AAAB/HicdVDLSgMxFM3UV62vqks3wSK4GjJaa90V3Lhs0T6gHUomzbShmcyQZIQy1B9wq3/gTtz6L/6A32FmOoIWPRA4nHNfOV7EmdIIfViFldW19Y3iZmlre2d3r7x/0FFhLAltk5CHsudhRTkTtK2Z5rQXSYoDj9OuN71O/e49lYqF4k7PIuoGeCyYzwjWRmrdDssVZF8g56qGILJRhozUnXMHOrlSATmaw/LnYBSSOKBCE46V6jso0m6CpWaE03lpECsaYTLFY9o3VOCAKjfJDp3DE6OMoB9K84SGmfqzI8GBUrPAM5UB1hO17KXin17E0oFL27VfdxMmolhTQRbL/ZhDHcI0CThikhLNZ4ZgIpm5H5IJlphok1fJBPP9e/g/6ZzZTs2utqqVRj2PqAiOwDE4BQ64BA1wA5qgDQig4BE8gWfrwXqxXq23RWnBynsOwS9Y718cEZV3</latexit>

S

<latexit sha1_base64="43pddCJFNm7ZX1qUiK2HiCtGFyM=">AAAB/HicdVDLSgMxFM3UV62vqks3wSK4GjJaa90V3Lhs0T6gHUomzbShmcyQZIQy1B9wq3/gTtz6L/6A32FmOoIWPRA4nHNfOV7EmdIIfViFldW19Y3iZmlre2d3r7x/0FFhLAltk5CHsudhRTkTtK2Z5rQXSYoDj9OuN71O/e49lYqF4k7PIuoGeCyYzwjWRmrdDssVZF8g56qGILJRhozUnXMHOrlSATmaw/LnYBSSOKBCE46V6jso0m6CpWaE03lpECsaYTLFY9o3VOCAKjfJDp3DE6OMoB9K84SGmfqzI8GBUrPAM5UB1hO17KXin17E0oFL27VfdxMmolhTQRbL/ZhDHcI0CThikhLNZ4ZgIpm5H5IJlphok1fJBPP9e/g/6ZzZTs2utqqVRj2PqAiOwDE4BQ64BA1wA5qgDQig4BE8gWfrwXqxXq23RWnBynsOwS9Y718cEZV3</latexit>

S

<latexit sha1_base64="u/nTXCFCgE09A/57Rt9ycJyqOsY=">AAAB/HicbVDLSsNAFL2pr1pfVZduBovgqiRStMuCmy5bsA9oQ5lMb9qhkwczE6GE+gNu9Q/ciVv/xR/wO5y0WWjrgQuHc+6L48WCK23bX1Zha3tnd6+4Xzo4PDo+KZ+edVWUSIYdFolI9j2qUPAQO5prgf1YIg08gT1vdp/5vUeUikfhg57H6AZ0EnKfM6qN1G6OyhW7ai9BNomTkwrkaI3K38NxxJIAQ80EVWrg2LF2Uyo1ZwIXpWGiMKZsRic4MDSkASo3XT66IFdGGRM/kqZCTZbq74mUBkrNA890BlRP1bqXif96Mc8Wrl3Xft1NeRgnGkO2Ou4nguiIZEmQMZfItJgbQpnk5n/CplRSpk1eJROMsx7DJuneVJ3baq1dqzTqeURFuIBLuAYH7qABTWhBBxggPMMLvFpP1pv1bn2sWgtWPnMOf2B9/gDWWZVK</latexit>

H

<latexit sha1_base64="u/nTXCFCgE09A/57Rt9ycJyqOsY=">AAAB/HicbVDLSsNAFL2pr1pfVZduBovgqiRStMuCmy5bsA9oQ5lMb9qhkwczE6GE+gNu9Q/ciVv/xR/wO5y0WWjrgQuHc+6L48WCK23bX1Zha3tnd6+4Xzo4PDo+KZ+edVWUSIYdFolI9j2qUPAQO5prgf1YIg08gT1vdp/5vUeUikfhg57H6AZ0EnKfM6qN1G6OyhW7ai9BNomTkwrkaI3K38NxxJIAQ80EVWrg2LF2Uyo1ZwIXpWGiMKZsRic4MDSkASo3XT66IFdGGRM/kqZCTZbq74mUBkrNA890BlRP1bqXif96Mc8Wrl3Xft1NeRgnGkO2Ou4nguiIZEmQMZfItJgbQpnk5n/CplRSpk1eJROMsx7DJuneVJ3baq1dqzTqeURFuIBLuAYH7qABTWhBBxggPMMLvFpP1pv1bn2sWgtWPnMOf2B9/gDWWZVK</latexit>

H

Silveira & Zee,  PLB ’85

<latexit sha1_base64="43pddCJFNm7ZX1qUiK2HiCtGFyM=">AAAB/HicdVDLSgMxFM3UV62vqks3wSK4GjJaa90V3Lhs0T6gHUomzbShmcyQZIQy1B9wq3/gTtz6L/6A32FmOoIWPRA4nHNfOV7EmdIIfViFldW19Y3iZmlre2d3r7x/0FFhLAltk5CHsudhRTkTtK2Z5rQXSYoDj9OuN71O/e49lYqF4k7PIuoGeCyYzwjWRmrdDssVZF8g56qGILJRhozUnXMHOrlSATmaw/LnYBSSOKBCE46V6jso0m6CpWaE03lpECsaYTLFY9o3VOCAKjfJDp3DE6OMoB9K84SGmfqzI8GBUrPAM5UB1hO17KXin17E0oFL27VfdxMmolhTQRbL/ZhDHcI0CThikhLNZ4ZgIpm5H5IJlphok1fJBPP9e/g/6ZzZTs2utqqVRj2PqAiOwDE4BQ64BA1wA5qgDQig4BE8gWfrwXqxXq23RWnBynsOwS9Y718cEZV3</latexit>

S

<latexit sha1_base64="43pddCJFNm7ZX1qUiK2HiCtGFyM=">AAAB/HicdVDLSgMxFM3UV62vqks3wSK4GjJaa90V3Lhs0T6gHUomzbShmcyQZIQy1B9wq3/gTtz6L/6A32FmOoIWPRA4nHNfOV7EmdIIfViFldW19Y3iZmlre2d3r7x/0FFhLAltk5CHsudhRTkTtK2Z5rQXSYoDj9OuN71O/e49lYqF4k7PIuoGeCyYzwjWRmrdDssVZF8g56qGILJRhozUnXMHOrlSATmaw/LnYBSSOKBCE46V6jso0m6CpWaE03lpECsaYTLFY9o3VOCAKjfJDp3DE6OMoB9K84SGmfqzI8GBUrPAM5UB1hO17KXin17E0oFL27VfdxMmolhTQRbL/ZhDHcI0CThikhLNZ4ZgIpm5H5IJlphok1fJBPP9e/g/6ZzZTs2utqqVRj2PqAiOwDE4BQ64BA1wA5qgDQig4BE8gWfrwXqxXq23RWnBynsOwS9Y718cEZV3</latexit>

S

after EWSB:

<latexit sha1_base64="7i+1tQ/jL+H5mlqnE7z1bUvMrg4=">AAAB/HicbVDLSsNAFL2pr1pfVZduBovgqiQi2mXBjcsW7APaUCbTm3boZBJmJkIp9Qfc6h+4E7f+iz/gdzhps9DWAxcO59wXJ0gE18Z1v5zCxubW9k5xt7S3f3B4VD4+aes4VQxbLBax6gZUo+ASW4Ybgd1EIY0CgZ1gcpf5nUdUmsfywUwT9CM6kjzkjBorNceDcsWtuguQdeLlpAI5GoPyd38YszRCaZigWvc8NzH+jCrDmcB5qZ9qTCib0BH2LJU0Qu3PFo/OyYVVhiSMlS1pyEL9PTGjkdbTKLCdETVjvepl4r9ewrOFK9dNWPNnXCapQcmWx8NUEBOTLAky5AqZEVNLKFPc/k/YmCrKjM2rZIPxVmNYJ+2rqndTvW5eV+q1PKIinME5XIIHt1CHe2hACxggPMMLvDpPzpvz7nwsWwtOPnMKf+B8/gAJaJVq</latexit>

h

SM

SM

<latexit sha1_base64="RA14PRbKaoUhvfs2Cea0GMt82bo=">AAAB/HicbVDLSsNAFL2pr1pfVZdugkUQhJJI0S4Lbly2YB/QhjKZ3rRDJ5MwMxFKqD/gVv/Anbj1X/wBv8NJm4W2HrhwOOe+OH7MmdKO82UVNja3tneKu6W9/YPDo/LxSUdFiaTYphGPZM8nCjkT2NZMc+zFEknoc+z607vM7z6iVCwSD3oWoxeSsWABo0QbqXU1LFecqrOAvU7cnFQgR3NY/h6MIpqEKDTlRKm+68TaS4nUjHKclwaJwpjQKRlj31BBQlReunh0bl8YZWQHkTQltL1Qf0+kJFRqFvqmMyR6ola9TPzXi1m2cOW6DupeykScaBR0eTxIuK0jO0vCHjGJVPOZIYRKZv636YRIQrXJq2SCcVdjWCed66p7U621apVGPY+oCGdwDpfgwi004B6a0AYKCM/wAq/Wk/VmvVsfy9aClc+cwh9Ynz+oIZUt</latexit>
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Freeze-in coupling 
required for correct 
relic density

TB, Heeba, Kahlhoefer 
& Vangsnes, JHEP ‘22

unlike for (non-rel.) freeze-
out, quantum statistics do 
affect final result                 ! 

<latexit sha1_base64="JWsSqN0883dR4ylmhMewgIHGjjo=">AAACHXicbVDLSsNAFJ3UV62vqEs3g6VQNyWRol0W3Lizgn1AE8pkOmmHTh7M3Agl1KW/4Q+41T9wJ27FH/A7nLRZaOuBgcM59zXHiwVXYFlfRmFtfWNzq7hd2tnd2z8wD486KkokZW0aiUj2PKKY4CFrAwfBerFkJPAE63qTq8zv3jOpeBTewTRmbkBGIfc5JaClgYkdwXzoNx+cgMCYEpHezKq25VTOHMlHY3AHZtmqWXPgVWLnpIxytAbmtzOMaBKwEKggSvVtKwY3JRI4FWxWchLFYkInZMT6moYkYMpN5z+Z4YpWhtiPpH4h4Ln6uyMlgVLTwNOV2b1q2cvEf72YZwOXtoPfcFMexgmwkC6W+4nAEOEsKjzkklEQU00IlVzfj+mYSEJBB1rSwdjLMaySznnNvqjVb+vlZiOPqIhO0CmqIhtdoia6Ri3URhQ9omf0gl6NJ+PNeDc+FqUFI+85Rn9gfP4AqzWiEA==</latexit>

[@ O(10%)]
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DarkSUSY

http://
darksusy.hepforge.org

Numerical package to calculate 
‘all’ DM related quantities:
relic density + kinetic decoupling 

generic SUSY models + laboratory 
constraints implemented
cosmic ray propagation
particle yields for generic DM 
annihilation or decay
indirect detection rates: gammas, 
positrons, antiprotons, neutrinos
direct detection rates
…

Module ...

..

.

Module generic_wimp
libds_generic_wimp.a

Interface functions
Internal routines

Particle physics modules
src_models/

Module mssm
libds_mssm.a

Interface functions
Internal routines

Linking to main library/user 
replaceable
Linking to chosen module

Possible (but not used) calling
Calling sequence

Main DS 
library
src/
libds_main.a

Observables 
(rates, relic 
density etc)

Main program
User-supplied, e.g. 
examples/dsmain.F

User
replaceables

User
replaceables
Functions 
replaced
and modified
by user

User
replaceables
Functions 
replaced
and modified
by user

User
replaceables
Functions 
replaced
and modified
by user

User
replaceables
Functions 
replaced
and modified
by user

TB, Edsjö, Gondolo, 
Ullio & Bergström,  

JCAP ‘18

since 6.1: DM self-interactions

(also for                              )Tdark 6= Tphoton
<latexit sha1_base64="xNJgwyCX22SvUc2xW01ZOb8m9bY=">AAACJHicdVDLSgMxFM34rPVVdekmWERXJeOz7gpuXFboC9phyKRpG5pJxiQjlGE+wd/wB9zqH7gTF25c+h1m2opa9EDgcM69ufeeIOJMG4TenLn5hcWl5dxKfnVtfWOzsLXd0DJWhNaJ5FK1AqwpZ4LWDTOctiJFcRhw2gyGl5nfvKVKMylqZhRRL8R9wXqMYGMlv3CQ1PxOiM1AhUkXq2HaEfQGfmvRQBop0tQvFFHpFLkXZwiiEhpjTMrusQvdqVIEU1T9wkenK0kcUmEIx1q3XRQZL8HKMMJpmu/EmkaYDHGfti0VOKTaS8YHpXDfKl3Yk8o+YeBY/dmR4FDrURjYymxPPetl4p9exLIPZ6abXtlLmIhiQwWZDO/FHBoJs8RglylKDB9Zgolidn9IBlhhYmyueRvM1/Xwf9I4Krmo5F6fFCvlaUQ5sAv2wCFwwTmogCtQBXVAwB14AI/gybl3np0X53VSOudMe3bALzjvn16Jpto=</latexit><latexit sha1_base64="xNJgwyCX22SvUc2xW01ZOb8m9bY=">AAACJHicdVDLSgMxFM34rPVVdekmWERXJeOz7gpuXFboC9phyKRpG5pJxiQjlGE+wd/wB9zqH7gTF25c+h1m2opa9EDgcM69ufeeIOJMG4TenLn5hcWl5dxKfnVtfWOzsLXd0DJWhNaJ5FK1AqwpZ4LWDTOctiJFcRhw2gyGl5nfvKVKMylqZhRRL8R9wXqMYGMlv3CQ1PxOiM1AhUkXq2HaEfQGfmvRQBop0tQvFFHpFLkXZwiiEhpjTMrusQvdqVIEU1T9wkenK0kcUmEIx1q3XRQZL8HKMMJpmu/EmkaYDHGfti0VOKTaS8YHpXDfKl3Yk8o+YeBY/dmR4FDrURjYymxPPetl4p9exLIPZ6abXtlLmIhiQwWZDO/FHBoJs8RglylKDB9Zgolidn9IBlhhYmyueRvM1/Xwf9I4Krmo5F6fFCvlaUQ5sAv2wCFwwTmogCtQBXVAwB14AI/gybl3np0X53VSOudMe3bALzjvn16Jpto=</latexit><latexit sha1_base64="xNJgwyCX22SvUc2xW01ZOb8m9bY=">AAACJHicdVDLSgMxFM34rPVVdekmWERXJeOz7gpuXFboC9phyKRpG5pJxiQjlGE+wd/wB9zqH7gTF25c+h1m2opa9EDgcM69ufeeIOJMG4TenLn5hcWl5dxKfnVtfWOzsLXd0DJWhNaJ5FK1AqwpZ4LWDTOctiJFcRhw2gyGl5nfvKVKMylqZhRRL8R9wXqMYGMlv3CQ1PxOiM1AhUkXq2HaEfQGfmvRQBop0tQvFFHpFLkXZwiiEhpjTMrusQvdqVIEU1T9wkenK0kcUmEIx1q3XRQZL8HKMMJpmu/EmkaYDHGfti0VOKTaS8YHpXDfKl3Yk8o+YeBY/dmR4FDrURjYymxPPetl4p9exLIPZ6abXtlLmIhiQwWZDO/FHBoJs8RglylKDB9Zgolidn9IBlhhYmyueRvM1/Xwf9I4Krmo5F6fFCvlaUQ5sAv2wCFwwTmogCtQBXVAwB14AI/gybl3np0X53VSOudMe3bALzjvn16Jpto=</latexit><latexit sha1_base64="xNJgwyCX22SvUc2xW01ZOb8m9bY=">AAACJHicdVDLSgMxFM34rPVVdekmWERXJeOz7gpuXFboC9phyKRpG5pJxiQjlGE+wd/wB9zqH7gTF25c+h1m2opa9EDgcM69ufeeIOJMG4TenLn5hcWl5dxKfnVtfWOzsLXd0DJWhNaJ5FK1AqwpZ4LWDTOctiJFcRhw2gyGl5nfvKVKMylqZhRRL8R9wXqMYGMlv3CQ1PxOiM1AhUkXq2HaEfQGfmvRQBop0tQvFFHpFLkXZwiiEhpjTMrusQvdqVIEU1T9wkenK0kcUmEIx1q3XRQZL8HKMMJpmu/EmkaYDHGfti0VOKTaS8YHpXDfKl3Yk8o+YeBY/dmR4FDrURjYymxPPetl4p9exLIPZ6abXtlLmIhiQwWZDO/FHBoJs8RglylKDB9Zgolidn9IBlhhYmyueRvM1/Xwf9I4Krmo5F6fFCvlaUQ5sAv2wCFwwTmogCtQBXVAwB14AI/gybl3np0X53VSOudMe3bALzjvn16Jpto=</latexit>

Since version 6: 
no longer restricted to 
supersymmetric DM !

since 6.2: ‘reverse’ direct detection 
(also Q2 -dependent scattering!)

since 6.3: freeze-in

http://darksusy.hepforge.org
http://darksusy.hepforge.org
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Part III
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<latexit sha1_base64="yNGiWLtmQADB/Mv7gtlsJy3sKWY=">AAACAXicbVDLSsNAFL2pr1pfVZduBovgqiQi6koKblxWsA9oQ5lMJ+3YySTM3AildOUPuNU/cCdu/RJ/wO9w0mahrQcuHM65L06QSGHQdb+cwsrq2vpGcbO0tb2zu1feP2iaONWMN1gsY90OqOFSKN5AgZK3E81pFEjeCkY3md965NqIWN3jOOF+RAdKhIJRtFKzi0OOtFeuuFV3BrJMvJxUIEe9V/7u9mOWRlwhk9SYjucm6E+oRsEkn5a6qeEJZSM64B1LFY248Sezb6fkxCp9EsbalkIyU39PTGhkzDgKbGdEcWgWvUz810tEtnDhOoZX/kSoJEWu2Px4mEqCMcniIH2hOUM5toQyLez/hA2ppgxtaCUbjLcYwzJpnlW9i6p7d16pXecRFeEIjuEUPLiEGtxCHRrA4AGe4QVenSfnzXl3PuatBSefOYQ/cD5/AAkYl6g=</latexit>

✓

<latexit sha1_base64="yNGiWLtmQADB/Mv7gtlsJy3sKWY=">AAACAXicbVDLSsNAFL2pr1pfVZduBovgqiQi6koKblxWsA9oQ5lMJ+3YySTM3AildOUPuNU/cCdu/RJ/wO9w0mahrQcuHM65L06QSGHQdb+cwsrq2vpGcbO0tb2zu1feP2iaONWMN1gsY90OqOFSKN5AgZK3E81pFEjeCkY3md965NqIWN3jOOF+RAdKhIJRtFKzi0OOtFeuuFV3BrJMvJxUIEe9V/7u9mOWRlwhk9SYjucm6E+oRsEkn5a6qeEJZSM64B1LFY248Sezb6fkxCp9EsbalkIyU39PTGhkzDgKbGdEcWgWvUz810tEtnDhOoZX/kSoJEWu2Px4mEqCMcniIH2hOUM5toQyLez/hA2ppgxtaCUbjLcYwzJpnlW9i6p7d16pXecRFeEIjuEUPLiEGtxCHRrA4AGe4QVenSfnzXl3PuatBSefOYQ/cD5/AAkYl6g=</latexit>

✓

<latexit sha1_base64="zHgPUG63CHdqsfEFU6uptB31bBw=">AAACA3icbVDLSsNAFJ34rPVVdelmsAiuSlJEXUnBjcsK9gFtLJPpTTt0MgkzN0IpXfoDbvUP3IlbP8Qf8DuctFlo64ELh3PuixMkUhh03S9nZXVtfWOzsFXc3tnd2y8dHDZNnGoODR7LWLcDZkAKBQ0UKKGdaGBRIKEVjG4yv/UI2ohY3eM4AT9iAyVCwRlaqd3FISB7qPZKZbfizkCXiZeTMslR75W+u/2YpxEo5JIZ0/HcBP0J0yi4hGmxmxpIGB+xAXQsVSwC409m/07pqVX6NIy1LYV0pv6emLDImHEU2M6I4dAsepn4r5eIbOHCdQyv/IlQSYqg+Px4mEqKMc0CoX2hgaMcW8K4FvZ/yodMM442tqINxluMYZk0qxXvouLenZdr13lEBXJMTsgZ8cglqZFbUicNwokkz+SFvDpPzpvz7nzMW1ecfOaI/IHz+QM975hM</latexit>

✓2

<latexit sha1_base64="yNGiWLtmQADB/Mv7gtlsJy3sKWY=">AAACAXicbVDLSsNAFL2pr1pfVZduBovgqiQi6koKblxWsA9oQ5lMJ+3YySTM3AildOUPuNU/cCdu/RJ/wO9w0mahrQcuHM65L06QSGHQdb+cwsrq2vpGcbO0tb2zu1feP2iaONWMN1gsY90OqOFSKN5AgZK3E81pFEjeCkY3md965NqIWN3jOOF+RAdKhIJRtFKzi0OOtFeuuFV3BrJMvJxUIEe9V/7u9mOWRlwhk9SYjucm6E+oRsEkn5a6qeEJZSM64B1LFY248Sezb6fkxCp9EsbalkIyU39PTGhkzDgKbGdEcWgWvUz810tEtnDhOoZX/kSoJEWu2Px4mEqCMcniIH2hOUM5toQyLez/hA2ppgxtaCUbjLcYwzJpnlW9i6p7d16pXecRFeEIjuEUPLiEGtxCHRrA4AGe4QVenSfnzXl3PuatBSefOYQ/cD5/AAkYl6g=</latexit>

✓

<latexit sha1_base64="yNGiWLtmQADB/Mv7gtlsJy3sKWY=">AAACAXicbVDLSsNAFL2pr1pfVZduBovgqiQi6koKblxWsA9oQ5lMJ+3YySTM3AildOUPuNU/cCdu/RJ/wO9w0mahrQcuHM65L06QSGHQdb+cwsrq2vpGcbO0tb2zu1feP2iaONWMN1gsY90OqOFSKN5AgZK3E81pFEjeCkY3md965NqIWN3jOOF+RAdKhIJRtFKzi0OOtFeuuFV3BrJMvJxUIEe9V/7u9mOWRlwhk9SYjucm6E+oRsEkn5a6qeEJZSM64B1LFY248Sezb6fkxCp9EsbalkIyU39PTGhkzDgKbGdEcWgWvUz810tEtnDhOoZX/kSoJEWu2Px4mEqCMcniIH2hOUM5toQyLez/hA2ppgxtaCUbjLcYwzJpnlW9i6p7d16pXecRFeEIjuEUPLiEGtxCHRrA4AGe4QVenSfnzXl3PuatBSefOYQ/cD5/AAkYl6g=</latexit>

✓
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<latexit sha1_base64="yNGiWLtmQADB/Mv7gtlsJy3sKWY=">AAACAXicbVDLSsNAFL2pr1pfVZduBovgqiQi6koKblxWsA9oQ5lMJ+3YySTM3AildOUPuNU/cCdu/RJ/wO9w0mahrQcuHM65L06QSGHQdb+cwsrq2vpGcbO0tb2zu1feP2iaONWMN1gsY90OqOFSKN5AgZK3E81pFEjeCkY3md965NqIWN3jOOF+RAdKhIJRtFKzi0OOtFeuuFV3BrJMvJxUIEe9V/7u9mOWRlwhk9SYjucm6E+oRsEkn5a6qeEJZSM64B1LFY248Sezb6fkxCp9EsbalkIyU39PTGhkzDgKbGdEcWgWvUz810tEtnDhOoZX/kSoJEWu2Px4mEqCMcniIH2hOUM5toQyLez/hA2ppgxtaCUbjLcYwzJpnlW9i6p7d16pXecRFeEIjuEUPLiEGtxCHRrA4AGe4QVenSfnzXl3PuatBSefOYQ/cD5/AAkYl6g=</latexit>

✓

<latexit sha1_base64="yNGiWLtmQADB/Mv7gtlsJy3sKWY=">AAACAXicbVDLSsNAFL2pr1pfVZduBovgqiQi6koKblxWsA9oQ5lMJ+3YySTM3AildOUPuNU/cCdu/RJ/wO9w0mahrQcuHM65L06QSGHQdb+cwsrq2vpGcbO0tb2zu1feP2iaONWMN1gsY90OqOFSKN5AgZK3E81pFEjeCkY3md965NqIWN3jOOF+RAdKhIJRtFKzi0OOtFeuuFV3BrJMvJxUIEe9V/7u9mOWRlwhk9SYjucm6E+oRsEkn5a6qeEJZSM64B1LFY248Sezb6fkxCp9EsbalkIyU39PTGhkzDgKbGdEcWgWvUz810tEtnDhOoZX/kSoJEWu2Px4mEqCMcniIH2hOUM5toQyLez/hA2ppgxtaCUbjLcYwzJpnlW9i6p7d16pXecRFeEIjuEUPLiEGtxCHRrA4AGe4QVenSfnzXl3PuatBSefOYQ/cD5/AAkYl6g=</latexit>

✓

<latexit sha1_base64="zHgPUG63CHdqsfEFU6uptB31bBw=">AAACA3icbVDLSsNAFJ34rPVVdelmsAiuSlJEXUnBjcsK9gFtLJPpTTt0MgkzN0IpXfoDbvUP3IlbP8Qf8DuctFlo64ELh3PuixMkUhh03S9nZXVtfWOzsFXc3tnd2y8dHDZNnGoODR7LWLcDZkAKBQ0UKKGdaGBRIKEVjG4yv/UI2ohY3eM4AT9iAyVCwRlaqd3FISB7qPZKZbfizkCXiZeTMslR75W+u/2YpxEo5JIZ0/HcBP0J0yi4hGmxmxpIGB+xAXQsVSwC409m/07pqVX6NIy1LYV0pv6emLDImHEU2M6I4dAsepn4r5eIbOHCdQyv/IlQSYqg+Px4mEqKMc0CoX2hgaMcW8K4FvZ/yodMM442tqINxluMYZk0qxXvouLenZdr13lEBXJMTsgZ8cglqZFbUicNwokkz+SFvDpPzpvz7nzMW1ecfOaI/IHz+QM975hM</latexit>

✓2

<latexit sha1_base64="yNGiWLtmQADB/Mv7gtlsJy3sKWY=">AAACAXicbVDLSsNAFL2pr1pfVZduBovgqiQi6koKblxWsA9oQ5lMJ+3YySTM3AildOUPuNU/cCdu/RJ/wO9w0mahrQcuHM65L06QSGHQdb+cwsrq2vpGcbO0tb2zu1feP2iaONWMN1gsY90OqOFSKN5AgZK3E81pFEjeCkY3md965NqIWN3jOOF+RAdKhIJRtFKzi0OOtFeuuFV3BrJMvJxUIEe9V/7u9mOWRlwhk9SYjucm6E+oRsEkn5a6qeEJZSM64B1LFY248Sezb6fkxCp9EsbalkIyU39PTGhkzDgKbGdEcWgWvUz810tEtnDhOoZX/kSoJEWu2Px4mEqCMcniIH2hOUM5toQyLez/hA2ppgxtaCUbjLcYwzJpnlW9i6p7d16pXecRFeEIjuEUPLiEGtxCHRrA4AGe4QVenSfnzXl3PuatBSefOYQ/cD5/AAkYl6g=</latexit>

✓

<latexit sha1_base64="yNGiWLtmQADB/Mv7gtlsJy3sKWY=">AAACAXicbVDLSsNAFL2pr1pfVZduBovgqiQi6koKblxWsA9oQ5lMJ+3YySTM3AildOUPuNU/cCdu/RJ/wO9w0mahrQcuHM65L06QSGHQdb+cwsrq2vpGcbO0tb2zu1feP2iaONWMN1gsY90OqOFSKN5AgZK3E81pFEjeCkY3md965NqIWN3jOOF+RAdKhIJRtFKzi0OOtFeuuFV3BrJMvJxUIEe9V/7u9mOWRlwhk9SYjucm6E+oRsEkn5a6qeEJZSM64B1LFY248Sezb6fkxCp9EsbalkIyU39PTGhkzDgKbGdEcWgWvUz810tEtnDhOoZX/kSoJEWu2Px4mEqCMcniIH2hOUM5toQyLez/hA2ppgxtaCUbjLcYwzJpnlW9i6p7d16pXecRFeEIjuEUPLiEGtxCHRrA4AGe4QVenSfnzXl3PuatBSefOYQ/cD5/AAkYl6g=</latexit>

✓

ψ

χ

χ

ψ
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χ

χ

χ

ψ
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χ

χ
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χ

ψ

χ

χ

V
χ

ψ

χ

χ

<latexit sha1_base64="yNGiWLtmQADB/Mv7gtlsJy3sKWY=">AAACAXicbVDLSsNAFL2pr1pfVZduBovgqiQi6koKblxWsA9oQ5lMJ+3YySTM3AildOUPuNU/cCdu/RJ/wO9w0mahrQcuHM65L06QSGHQdb+cwsrq2vpGcbO0tb2zu1feP2iaONWMN1gsY90OqOFSKN5AgZK3E81pFEjeCkY3md965NqIWN3jOOF+RAdKhIJRtFKzi0OOtFeuuFV3BrJMvJxUIEe9V/7u9mOWRlwhk9SYjucm6E+oRsEkn5a6qeEJZSM64B1LFY248Sezb6fkxCp9EsbalkIyU39PTGhkzDgKbGdEcWgWvUz810tEtnDhOoZX/kSoJEWu2Px4mEqCMcniIH2hOUM5toQyLez/hA2ppgxtaCUbjLcYwzJpnlW9i6p7d16pXecRFeEIjuEUPLiEGtxCHRrA4AGe4QVenSfnzXl3PuatBSefOYQ/cD5/AAkYl6g=</latexit>

✓

<latexit sha1_base64="yNGiWLtmQADB/Mv7gtlsJy3sKWY=">AAACAXicbVDLSsNAFL2pr1pfVZduBovgqiQi6koKblxWsA9oQ5lMJ+3YySTM3AildOUPuNU/cCdu/RJ/wO9w0mahrQcuHM65L06QSGHQdb+cwsrq2vpGcbO0tb2zu1feP2iaONWMN1gsY90OqOFSKN5AgZK3E81pFEjeCkY3md965NqIWN3jOOF+RAdKhIJRtFKzi0OOtFeuuFV3BrJMvJxUIEe9V/7u9mOWRlwhk9SYjucm6E+oRsEkn5a6qeEJZSM64B1LFY248Sezb6fkxCp9EsbalkIyU39PTGhkzDgKbGdEcWgWvUz810tEtnDhOoZX/kSoJEWu2Px4mEqCMcniIH2hOUM5toQyLez/hA2ppgxtaCUbjLcYwzJpnlW9i6p7d16pXecRFeEIjuEUPLiEGtxCHRrA4AGe4QVenSfnzXl3PuatBSefOYQ/cD5/AAkYl6g=</latexit>

✓

<latexit sha1_base64="zHgPUG63CHdqsfEFU6uptB31bBw=">AAACA3icbVDLSsNAFJ34rPVVdelmsAiuSlJEXUnBjcsK9gFtLJPpTTt0MgkzN0IpXfoDbvUP3IlbP8Qf8DuctFlo64ELh3PuixMkUhh03S9nZXVtfWOzsFXc3tnd2y8dHDZNnGoODR7LWLcDZkAKBQ0UKKGdaGBRIKEVjG4yv/UI2ohY3eM4AT9iAyVCwRlaqd3FISB7qPZKZbfizkCXiZeTMslR75W+u/2YpxEo5JIZ0/HcBP0J0yi4hGmxmxpIGB+xAXQsVSwC409m/07pqVX6NIy1LYV0pv6emLDImHEU2M6I4dAsepn4r5eIbOHCdQyv/IlQSYqg+Px4mEqKMc0CoX2hgaMcW8K4FvZ/yodMM442tqINxluMYZk0qxXvouLenZdr13lEBXJMTsgZ8cglqZFbUicNwokkz+SFvDpPzpvz7nzMW1ecfOaI/IHz+QM975hM</latexit>

✓2

<latexit sha1_base64="yNGiWLtmQADB/Mv7gtlsJy3sKWY=">AAACAXicbVDLSsNAFL2pr1pfVZduBovgqiQi6koKblxWsA9oQ5lMJ+3YySTM3AildOUPuNU/cCdu/RJ/wO9w0mahrQcuHM65L06QSGHQdb+cwsrq2vpGcbO0tb2zu1feP2iaONWMN1gsY90OqOFSKN5AgZK3E81pFEjeCkY3md965NqIWN3jOOF+RAdKhIJRtFKzi0OOtFeuuFV3BrJMvJxUIEe9V/7u9mOWRlwhk9SYjucm6E+oRsEkn5a6qeEJZSM64B1LFY248Sezb6fkxCp9EsbalkIyU39PTGhkzDgKbGdEcWgWvUz810tEtnDhOoZX/kSoJEWu2Px4mEqCMcniIH2hOUM5toQyLez/hA2ppgxtaCUbjLcYwzJpnlW9i6p7d16pXecRFeEIjuEUPLiEGtxCHRrA4AGe4QVenSfnzXl3PuatBSefOYQ/cD5/AAkYl6g=</latexit>

✓

<latexit sha1_base64="yNGiWLtmQADB/Mv7gtlsJy3sKWY=">AAACAXicbVDLSsNAFL2pr1pfVZduBovgqiQi6koKblxWsA9oQ5lMJ+3YySTM3AildOUPuNU/cCdu/RJ/wO9w0mahrQcuHM65L06QSGHQdb+cwsrq2vpGcbO0tb2zu1feP2iaONWMN1gsY90OqOFSKN5AgZK3E81pFEjeCkY3md965NqIWN3jOOF+RAdKhIJRtFKzi0OOtFeuuFV3BrJMvJxUIEe9V/7u9mOWRlwhk9SYjucm6E+oRsEkn5a6qeEJZSM64B1LFY248Sezb6fkxCp9EsbalkIyU39PTGhkzDgKbGdEcWgWvUz810tEtnDhOoZX/kSoJEWu2Px4mEqCMcniIH2hOUM5toQyLez/hA2ppgxtaCUbjLcYwzJpnlW9i6p7d16pXecRFeEIjuEUPLiEGtxCHRrA4AGe4QVenSfnzXl3PuatBSefOYQ/cD5/AAkYl6g=</latexit>

✓
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χ

<latexit sha1_base64="AtRary/JTMzNkuv2/LzkJBQRuP0="></latexit>

ṅ� + 3Hn� = n�n
eq
 h�vi

[for               ]
<latexit sha1_base64="6PxL1pE9QYX7I3B6CHZJl3hM31U=">AAACFnicbZC7TsMwFIadcivlFmBCLBYVElOVAIKOlVgYi0QvUhMix3Vaq45jbAepiipegxdghTdgQ6ysvADPgdNmgJYjWfr0/+f42H8oGFXacb6s0tLyyupaeb2ysbm1vWPv7rVVkkpMWjhhieyGSBFGOWlpqhnpCklQHDLSCUdXud95IFLRhN/qsSB+jAacRhQjbaTAPuCBh4fUYwwaEoreZZ6MIbmfBHbVqTnTgovgFlAFRTUD+9vrJziNCdeYIaV6riO0nyGpKWZkUvFSRQTCIzQgPYMcxUT52fQLE3hslD6MEmkO13Cq/p7IUKzUOA5NZ4z0UM17ufivJ2h+4dx2HdX9jHKRasLxbHmUMqgTmGcE+1QSrNnYAMKSmvdDPEQSYW2SrJhg3PkYFqF9WnMvamc359VGvYioDA7BETgBLrgEDXANmqAFMHgEz+AFvFpP1pv1bn3MWktWMbMP/pT1+QM4HZ/P</latexit>

n� ⌧ neq
 

‘Pandemic’ dark matter Aside: SIR Model

I = # infected 
S = # susceptible 
β = infection rate 
γ = recovery rate

<latexit sha1_base64="QI1Q2v+Wo2KdvetPWu/MVCPZhn0="></latexit>

İ = �SI � �I

<latexit sha1_base64="9nABlVg9e8wsyb8n9QrrZ0yxPLE="></latexit>

R =
�S

�
• reproduction number:

exponential growth if:
<latexit sha1_base64="3NYc8kL9mfEqvVTs5Tw2xAJ61HU=">AAACDXicbVDLTgIxFL2DLxxfqEs3jYTEFZlRo64M0Y1LNA6QwIR0Oh1o6DzSdohkwjew1Q9xZ9z6DX6HP2CBWQh4kiYn59zbnh4v4Uwqy/o2CmvrG5tbxW1zZ3dv/6B0eNSQcSoIdUjMY9HysKScRdRRTHHaSgTFocdp0xvcT/3mkArJ4uhZjRLqhrgXsYARrLTkPKFbZHdLZatqzYBWiZ2TMuSod0s/HT8maUgjRTiWsm1biXIzLBQjnI7NSieVNMFkgHu0rWmEQyrdbJZ2jCpa8VEQC30ihWaq+Wcjw6GUo9DTkyFWfbnsTcX/vHaqghs3Y1GSKhqR+UNBypGK0fTryGeCEsVHmmAimA6LSB8LTJQuaOEmf8gSmad+mcc2dUv2cierpHFeta+qF4+X5dpd3lcRTuAUzsCGa6jBA9TBAQIMJvAKb8bEeDc+jM/5aMHId45hAcbXL8w3m6A=</latexit>

R > 1

NYC covid test positivity rate:

700 W . O. K erm ack  an d  A. G. M cK endrick.

Summary.

The various possible mechanisms for the production of ammonia in a nitrogen 
hydrogen mixture by means of thermions have been investigated in detail. 
It is shown that synthesis can occur due to the following reactions—

N2 +  H at the surface of platinum or nickel.
N2 +  H ' in the bulk at 13 volts.

The following molecular species are shown to be chemically reactive—

N 2+ in the bulk at 17 volts,
N+ in the bulk at 23 volts,

and possible modes of mechanism involving N2' and H ' are elaborated.

Our thanks are due to Prof. T. M. Lowry, F.R.S., who communicated 
this paper, and to Messrs. Brunner Mond and Co., for providing a grant to 
defray part of the cost of the apparatus employed.

A Contribution to the Mathematical Theory o f Epidemics.
By W. 0. Ke r ma c k  and A. G. Mc Ke n d r ic k .

(Communicated by Sir Gilbert Walker, F.R.S.—Received May 13, 1927.)

(From the Laboratory of the Royal College of Physicians, Edinburgh.)

Introduction.

(1) One of the most striking features in the study of epidemics is the difficulty 
of finding a causal factor which appears to be adequate to account for the 
magnitude of the frequent epidemics of disease which visit almost every popula-
tion. I t  was with a view to obtaining more insight regarding the effects of the 
various factors which govern the spread of contagious epidemics that the present 
investigation was undertaken. Reference may here be made to the work of Ross 
and Hudson (1915-17) in which the same problem is attacked. The problem is 
here carried to a further stage, and it is considered from a point of view which 
is in one sense more general. The problem may be summarised as follows : 
One (or more) infected person is introduced into a community of individuals, 
more or less susceptible to the disease in question. The disease spreads from
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The ‘SIR’ compartmental model

<latexit sha1_base64="Xyu5bHLbMHXuVfNE2o/25Rvxizw=">AAACJ3icbVDLSsNAFJ3UV62vqEs3wSKISJhYrXVXdKO7CvYBbSiT6aQdOnkwMxFKyD/4G/6AW/0Dd6JLN36HkzSCth64cDjnvjhOyKiQEH5ohYXFpeWV4mppbX1jc0vf3mmJIOKYNHHAAt5xkCCM+qQpqWSkE3KCPIeRtjO+Sv32PeGCBv6dnITE9tDQpy7FSCqprx/FvWxJlw8dO4bmGbQuqvAYmjBDRmpWxUpukr5e/pGNeWLlpAxyNPr6V28Q4MgjvsQMCdG1YCjtGHFJMSNJqRcJEiI8RkPSVdRHHhF2nL2TGAdKGRhuwFX50sjU3xMx8oSYeI7q9JAciVkvFf/1QpounLku3ZodUz+MJPHx9LgbMUMGRhqaMaCcYMkmiiDMqfrfwCPEEZYq2pIKxpqNYZ60TkyralZuT8v1yzyiItgD++AQWOAc1ME1aIAmwOABPIFn8KI9aq/am/Y+bS1o+cwu+APt8xthRKJx</latexit>

I

<latexit sha1_base64="18JY2qUeIHdOHF5P0yhHgdtfKhE=">AAAB/HicbVDLSsNAFL2pr1pfVZdugkVwVRIVdVl047JF+4A2lMn0ph06mYSZiVBC/QG3+gfuxK3/4g/4HU7aLLT1wIXDOffF8WPOlHacL6uwsrq2vlHcLG1t7+zulfcPWipKJMUmjXgkOz5RyJnApmaaYyeWSEKfY9sf32Z++xGlYpF40JMYvZAMBQsYJdpIjft+ueJUnRnsZeLmpAI56v3yd28Q0SREoSknSnVdJ9ZeSqRmlOO01EsUxoSOyRC7hgoSovLS2aNT+8QoAzuIpCmh7Zn6eyIloVKT0DedIdEjtehl4r9ezLKFC9d1cO2lTMSJRkHnx4OE2zqysyTsAZNINZ8YQqhk5n+bjogkVJu8SiYYdzGGZdI6q7qX1fPGRaV2k0dUhCM4hlNw4QpqcAd1aAIFhGd4gVfryXqz3q2PeWvBymcO4Q+szx/qkZVe</latexit>

S
 # infected individuals

 # susceptible individuals

 # recovered   
<latexit sha1_base64="Th0INDnpXhpoHreCwYOA3cDplLg=">AAACEXicbVBJTsMwFHXKVMoUhh0biwqpLFolgIANUgUb2JWhg9RGleO6rVXbiWwHqUQ9BRdgCzdgh9hyAi7AOXDaLKDlSZae3vuTnx8yqrTjfFmZufmFxaXscm5ldW19w97cqqkgkphUccAC2fCRIowKUtVUM9IIJUHcZ6TuDy4Tv/5ApKKBuNfDkHgc9QTtUoy0kdr2TuH2PG5JDnWgR7B4B4vw+qBt552SMwacJW5K8iBFpW1/tzoBjjgRGjOkVNN1Qu3FSGqKGRnlWpEiIcID1CNNQwXiRHnx+PoR3DdKB3YDaZ7QcKz+7ogRV2rIfVPJke6raS8R//VCmgyc2q67Z15MRRhpIvBkeTdi5vswiQd2qCRYs6EhCEtq7oe4jyTC2oSYM8G40zHMktphyT0pHd0c58sXaURZsAv2QAG44BSUwRWogCrA4BE8gxfwaj1Zb9a79TEpzVhpzzb4A+vzBzwTm9o=</latexit>

(R = tot� S � I)

<latexit sha1_base64="cEHpXpLTDX9dFd8VgJi5lPeFjYw=">AAACAXicbVDLSsNAFL3xWeur6tLNYBFclURFXRbduKxgH9CGcjOdtGNnkjAzEUrpyh9wq3/gTtz6Jf6A3+GkzUJbD1w4nHNfnCARXBvX/XKWlldW19YLG8XNre2d3dLefkPHqaKsTmMRq1aAmgkesbrhRrBWohjKQLBmMLzJ/OYjU5rH0b0ZJcyX2I94yCkaKzU6fZQSu6WyW3GnIIvEy0kZctS6pe9OL6apZJGhArVue25i/DEqw6lgk2In1SxBOsQ+a1saoWTaH0+/nZBjq/RIGCtbkSFT9ffEGKXWIxnYTolmoOe9TPzXS3i2cO66Ca/8MY+S1LCIzo6HqSAmJlkcpMcVo0aMLEGquP2f0AEqpMaGVrTBePMxLJLGacW7qJzdnZer13lEBTiEIzgBDy6hCrdQgzpQeIBneIFX58l5c96dj1nrkpPPHMAfOJ8/7KuXnA==</latexit>�

<latexit sha1_base64="Ctaw8yvceru0ctP4Zz9WeBRs+pk=">AAACAHicbVDLSsNAFL2pr1pfVZdugkVwVRIVdVl047KCaQttKJPpTTt0MgkzE6GEbvwBt/oH7sStf+IP+B1O2iy09cCFwzn3xQkSzpR2nC+rtLK6tr5R3qxsbe/s7lX3D1oqTiVFj8Y8lp2AKORMoKeZ5thJJJIo4NgOxre5335EqVgsHvQkQT8iQ8FCRok2ktcLUJN+tebUnRnsZeIWpAYFmv3qd28Q0zRCoSknSnVdJ9F+RqRmlOO00ksVJoSOyRC7hgoSofKz2bNT+8QoAzuMpSmh7Zn6eyIjkVKTKDCdEdEjtejl4r9ewvKFC9d1eO1nTCSpRkHnx8OU2zq28zTsAZNINZ8YQqhk5n+bjogkVJvMKiYYdzGGZdI6q7uX9fP7i1rjpoioDEdwDKfgwhU04A6a4AEFBs/wAq/Wk/VmvVsf89aSVcwcwh9Ynz8hhZcr</latexit>

�
recovery rate

infection rate

<latexit sha1_base64="KMf8vIHgJ6NfCNKpPrpGKM6loGw="></latexit>

İ = �SI � �I

reproduction number, or ‘R-value’:
<latexit sha1_base64="OlE9U3cLl3jR4Wb8V6MswkRJXbk="></latexit>

R ⌘ �S

�
=

n
eq
 h�vi
3H

= heat bath 
   particle
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Exponential DM production
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<latexit sha1_base64="OlE9U3cLl3jR4Wb8V6MswkRJXbk="></latexit>

R ⌘ �S

�
=

n
eq
 h�vi
3H

Tiny initial 
DM abundance

exponential 
growth

<latexit sha1_base64="u8gsGb6DLkHGi0aBZgFqn1iZbB4=">AAACBHicbVDLSgMxFL1TX7W+qi7dBIvgqsyoqMuiG5dV7EPaoWTSTBuaZIYkI5ShW3/Arf6BO3Hrf/gDfoeZdhbaeuDC4Zz74gQxZ9q47pdTWFpeWV0rrpc2Nre2d8q7e00dJYrQBol4pNoB1pQzSRuGGU7bsaJYBJy2gtF15rceqdIskvdmHFNf4IFkISPYWOnhrjsw1hRer1xxq+4UaJF4OalAjnqv/N3tRyQRVBrCsdYdz42Nn2JlGOF0UuommsaYjPCAdiyVWFDtp9OHJ+jIKn0URsqWNGiq/p5IsdB6LALbKbAZ6nkvE//1YpYtnLtuwks/ZTJODJVkdjxMODIRyhJBfaYoMXxsCSaK2f8RGWKFibG5lWww3nwMi6R5UvXOq6e3Z5XaVR5REQ7gEI7BgwuowQ3UoQEEBDzDC7w6T86b8+58zFoLTj6zD3/gfP4AH0SY0A==</latexit>

R & 1

large small 
<latexit sha1_base64="GbZpvZUObRPvJFrFmogEBIkz3fk=">AAAB/HicdVDLSgMxFL1TX7W+qi7dBIvgqsz4qLoruumyBfuAdiiZNNOGZjJDkhHKUH/Arf6BO3Hrv/gDfoeZdoRa9EDgcM595XgRZ0rb9qeVW1ldW9/Ibxa2tnd294r7By0VxpLQJgl5KDseVpQzQZuaaU47kaQ48Dhte+O71G8/UKlYKO71JKJugIeC+YxgbaRGrV8s2WV7BrRALm3npuIgJ1NKkKHeL371BiGJAyo04ViprmNH2k2w1IxwOi30YkUjTMZ4SLuGChxQ5SazQ6foxCgD5IfSPKHRTF3sSHCg1CTwTGWA9Ugte6n4pxexdODSdu1fuwkTUaypIPPlfsyRDlGaBBowSYnmE0Mwkczcj8gIS0y0yatggvn5PfqftM7KTqV83rgoVW+ziPJwBMdwCg5cQRVqUIcmEKDwBM/wYj1ar9ab9T4vzVlZzyH8gvXxDfnPlWk=</latexit>

H
<latexit sha1_base64="IMx05vXBTbSCZtv5dzdOOl3kV5o=">AAACDHicdVBNSsNAGJ3Uv1p/GnXpZrAIrkJitdZd0Y3LCvYHmlom00k7dDKJMxOhhF7BC7jVG7gTt97BC3gOJ2kELfpg4PHe9zfPixiVyrY/jMLS8srqWnG9tLG5tV02d3bbMowFJi0cslB0PSQJo5y0FFWMdCNBUOAx0vEml6nfuSdC0pDfqGlE+gEacepTjJSWBmaZD9xI0tvEFQEkd7OBWbGtU9s5r9nQtuwMGak7VQc6uVIBOZoD89MdhjgOCFeYISl7jh2pfoKEopiRWcmNJYkQnqAR6WnKUUBkP8kOn8FDrQyhHwr9uIKZ+rMjQYGU08DTlQFSY7nopeKfXkTTgQvblV/vJ5RHsSIcz5f7MYMqhGkycEgFwYpNNUFYUH0/xGMkEFY6v5IO5vv38H/SPracmlW9Pqk0LvKIimAfHIAj4IAz0ABXoAlaAIMYPIIn8Gw8GC/Gq/E2Ly0Yec8e+AXj/QvPSZvm</latexit>
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<latexit sha1_base64="yNGiWLtmQADB/Mv7gtlsJy3sKWY=">AAACAXicbVDLSsNAFL2pr1pfVZduBovgqiQi6koKblxWsA9oQ5lMJ+3YySTM3AildOUPuNU/cCdu/RJ/wO9w0mahrQcuHM65L06QSGHQdb+cwsrq2vpGcbO0tb2zu1feP2iaONWMN1gsY90OqOFSKN5AgZK3E81pFEjeCkY3md965NqIWN3jOOF+RAdKhIJRtFKzi0OOtFeuuFV3BrJMvJxUIEe9V/7u9mOWRlwhk9SYjucm6E+oRsEkn5a6qeEJZSM64B1LFY248Sezb6fkxCp9EsbalkIyU39PTGhkzDgKbGdEcWgWvUz810tEtnDhOoZX/kSoJEWu2Px4mEqCMcniIH2hOUM5toQyLez/hA2ppgxtaCUbjLcYwzJpnlW9i6p7d16pXecRFeEIjuEUPLiEGtxCHRrA4AGe4QVenSfnzXl3PuatBSefOYQ/cD5/AAkYl6g=</latexit>

✓
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= �i�tr

_nχ þ 3Hnχ ¼ hσvitrnχn
eq
ψ − hσviann2χ : ð1Þ

Here, neqψ is the number density of ψ in equilibrium,H is the
Hubble rate, and hσvitr (hσvian) is the cross section for the
process χψ → χχ (χχ → χψ), averaged over the phase
space of the initial state. We assume that ψ is in equilibrium
with the SM heat bath; this equilibrium can be maintained,
for example, by rapid annihilations of ψψ to SM states. We
note that the zombie collisions of Refs. [17,33] involve a
similar process to Fig. 1, but the roles of the DM and bath
particles are reversed.
As long as neqχ ≫ nχ , we can neglect the second term on

the rhs of the above equation. Introducing xψ ≡mψ=T and
Yχ ≡ nχ=s, with s being the entropy density of the heat
bath, the solution of the Boltzmann equation is given by

YχðxψÞ ≃ Y0
χ exp

!Z
xψ

x0ψ

dx
x
PðxÞ

"
; ð2Þ

where

PðxÞ ¼ H̃−1neqψ hσvitr: ð3Þ

Here, Y0
χ denotes the DM abundance at some initial “time”

x0ψ , and we have defined H̃ ≡H=½1þ ð1=3Þdðlog gseffÞ=
dðlogTÞ&, where gseff encodes the entropy degrees of
freedom.
Equation (2) describes exponential growth of the DM

abundance, with growth rate P, as long as P0ðxÞ > 0.
For highly relativistic heat bath particles (with neqψ ∝ x−3ψ ),
this is automatically achieved for hσvitr ¼ ðσvÞ0trxkψ , with
ðσvÞ0tr ≃ const: and k > 1, i.e., infrared (IR) dominated
transformation processes since H ∝ x−2ψ . Later, once the
heat bath particles become nonrelativistic, exponential
growth will inevitably come to an end for any value of
k due to the Boltzmann suppression of neqψ , leading to an
asymptotically flat YχðxψÞ. Parametrically, we thus find

Yfinal
χ ∼ Y0

χ exp
!

λ'
k − 1

xk−1ψ ;NR

"
ð4Þ

for the final DM abundance, where xψ ;NR ∼ 3 and

λ' ∼ 6 × 10−2gψg
−1
2

effmψmPlðσvÞ0tr, with geff the energy
degrees of freedom and mPl the Planck mass.
We confirm this expectation in Fig. 2, where we show

(with solid lines) the full solution of Eq. (1), adopting for
illustration a constant amplitude jMtrj2 ¼ λ2tr, which is
realized if χ and ψ are real scalars with interaction
L ⊃ ðλtr=3!Þψχ3. We calculate, for simplicity, hσvitr for
a Maxwell-Boltzmann distribution [34], leaving a deter-
mination of its precise phase space distribution for future
work; this leads to hσvitr ∝ T−2 for T ≫ mχ, mψ . Starting
from an initial value of the DM abundance (indicated by the

dashed lines), the onset of exponential growth is clearly
visible as P becomes larger than ∼0.2 for xψ ≳ 0.01 until it
stalls because P is heavily suppressed again for xψ ≳ 5. The
figure also illustrates an attractive feature of exponential
growth from a phenomenological point of view: the
coupling strength required to match the observed DM relic
abundance is only logarithmically sensitive to the initial
abundance. In the examples shown here, e.g., decreasing
the initial abundance by 4 orders of magnitude (from the
green to the red line) is compensated by a mere increase of
about 22% in λtr.
Exponential growth in nature.—It is intriguing how

closely the evolution of the DM abundance in Fig. 2
mimics other well-known examples of exponential growth
in nature—like, for example, the progression of an illness
after an initial outbreak. In fact, we can formalize this
analogy by referring to the SIR (susceptible, infected, and
recovered) epidemiological model [35], where the number
of infected individuals, I, evolves according to

_I ¼ βSI − γI; ð5Þ

with S the number of susceptible individuals and β and γ
the infection and recovery rates, respectively. We recognize
that this is simply Eq. (1), in the limit nχ ≪ neqχ , after
identifying I ↔ nχ , S ↔ neqψ , β ↔ hσvitr, and γ ↔ 3H.
This mathematically exact correspondence motivates us to
further introduce

FIG. 2. Top: Number density of χ relative to the entropy density
of the heat bath (solid lines) for mχ ¼ 1 GeV, mψ ¼ 2 GeV and
different values of the transformation coupling λtr . For each value
of λtr , we fix the initial abundance of χ (dashed lines) such that
the final abundance corresponds to the observed DM density.
Bottom: R value corresponding to the abundance evolution in the
top panel.
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‘freeze-in’

‘Pandemic’ production is a very generic 
mechanism for the genesis of DM!
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Signals ?
Necessarily model-dependent
‘Pandemic DM’ describes a class of models, just like ‘WIMP’ does 
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FIG. 4. Diagrams for Bhabha-scattering-like transmission
(top row) and freeze-in (bottom row) processes for a sim-
ple virus-mediator model with fermion mass mixing, scaling
with the mixing angle as ✓ and ✓2, respectively. Also Møller-
scattering-like processes (involving only fermions, not anti-
fermions) contribute to the production of � through both
transmission and freeze-in, at the same orders in ✓.

transmission phase in a rather natural way (see also be-
low for concrete model building). It therefore becomes
possible to satisfy the relic density constraint with sig-
nificantly smaller couplings �fi than generally assumed,4

opening up new parameter space where freeze-in is rele-
vant for setting the DM energy density. Again, the trans-
mission couplings, �tr, needed for this purpose are only
logarithmically dependent on the freeze-in couplings.

Vector transmission model.— In the simple toy ex-
ample shown in Fig. 3 we treated freeze-in and transmis-
sion as completely independent processes, adjusting their
relative strength by hand to meet the necessary condition
for an IR-dominated initial outbreak, h�vifi ⌧ h�vitr.
We will now provide an explicit model where this condi-
tion is automatically satisfied in a simple and straight-
forward way. Concretely, we consider both  and � to
be Dirac fermions, with a tiny mass mixing �m. Addi-
tionally, we assume that � (but not  ) is charged under
a broken U(1)0, mediated by a massive vector V (the
‘virus’).5 The relevant parts of the Lagrangian are thus
given by L � ��m

�
 ̄�+ �̄ 

�
� g�̄ /V � . After diagonal-

izing the Lagrangian to new mass eigenstates, which for
ease of notation we again simply denote with  and �,
the relevant interaction terms are

L � �g
⇥
�̄ /V �+ ✓

�
 ̄ /V �+ �̄ /V  

�
+ ✓

2
 ̄ /V  

⇤
, (8)

4 Pure freeze-in without transmission (�tr = 0) would produce the
observed DM abundance if �fi ⇡ 6.39 ⇥ 10�11 for the masses
used in Fig. 3.

5 In fact transmission over some distance (air) can be at least as
e↵ective as infection via a contact interaction, as made painfully
clear in the current Covid-19 pandemic.

with ✓ ' �m/(m � m�) ⌧ 1 being the mixing angle.
Here we do not speculate further about the origin of
�m, but note in passing that it could be generated by
a Yukawa coupling to the same scalar whose vacuum ex-
pectation value is responsible for breaking the U(1)0.

As illustrated in Fig. 4, this simple setup leads to
both transmission and freeze-in processes, with relative
strengths given by h�vifi/h�vitr ⇠ ✓

2 ⌧ 1 as required.
We note that Møller-like scattering processes also need to
be taken into account for both transmission ( � ! ��)
and freeze-in (  ! ��) in this model, contributing at
the same order in ✓ as the Bhabha-scattering-like pro-
cesses explicitly shown in the figure. Other potential
DM production processes, such as   !  �, can be
safely neglected as they are suppressed by a further fac-
tor of ✓2. On the other hand, light vector mediators,
with mV < 2m�, would allow for unsuppressed DM an-
nihilation and inverse decay processes. While this would
somewhat complicate the description of the epi curves,
requiring to take into account additional terms in the
Boltzmann equation, this is a model building option that
allows for a rich phenomenology connected to late-time
DM observables.

Discussion.— The above example illustrates that
transmission is by no means restricted to specific model
realizations, but a general mechanism of DM produc-
tion that essentially interpolates between the tradition-
ally considered freeze-in and freeze-out regimes. At first
glance it may seem worrisome that the dark matter en-
ergy density depends exponentially on the transmission
cross section, implying that the cross section must be
carefully chosen to match observation. But this can be
turned around: in fact it implies that this mechanism is
highly predictive, as manifested by the logarithmic sen-
sitivity of the necessary cross section to the size of the
initial outbreak. We also note that exponential sensitiv-
ity is quite common in nature (beyond epidemics) and
for example is an implication of renormalization group
flows, where IR parameters can be exponentially sensi-
tive to UV parameters: the proton mass, e.g., depends
exponentially on the size of the strong coupling at high
energies [? ].

Let us finally stress that the mechanism proposed here
works for a large range of di↵erent particle masses, not
just the specific choice displayed in the epi curve ex-
amples, m� = 10GeV and m = 20GeV. We note
that primordial nucleosynthesis and the CMB constrain
an additional particle  in the SM heat bath to satisfy
m & 10 MeV [? ? ]; this could be lowered by consid-
ering the possibility of  being a SM particle. Even a
reverted mass hierarchy is possible, m� > m , in which
case it would be m� rather than m that determines
when the epi curves start to flatten. For m� > 3m ,
DM in general becomes unstable – but not necessarily on
cosmological time-scales (if only the contact interaction
shown in Fig. 1 is present, e.g., this decay would only oc-

A: yes — just add a dark sector mediator and mass mixing!

3

FIG. 3. As in Fig. 2, but now with a vanishing initial DM
abundance and, on top of the transformation interaction,
freeze-in production based on a constant matrix element. The
coupling �fi for the latter is chosen such that the final abun-
dance of � corresponds to the observed DM density. Dashed
lines show the would-be abundance from freeze-in alone (when
setting �tr = 0, for which �fi ⇡ 5.81 ⇥ 10�11 would give
⌦DMh2 = 0.12).

the inflaton or other heavy particles [38] – but could also
be related to more exotic examples like false vacua after
a phase transition in the dark sector [39, 40] or by the
evaporation of black holes. Common to all these scenar-
ios is that the final DM abundance is independent of how
exactly the initial abundance is set: the only phenomeno-
logically relevant input is the DM abundance at the onset
of the era of exponential growth, thus providing a direct
map to the generic situation depicted in Fig. 2.

In the second class of relevant scenarios, the initial and
exponential phases of DM production are intertwined.
This is particularly relevant for IR dominated freeze-in
rates [23] that are too small to explain the observed DM
abundance without a subsequent phase of exponential
growth. A nice feature of the mechanism proposed here is
in fact that a non-vanishing freeze-in contribution due to
the transformation coupling �tr is automatically built-in,
as discussed below. In general, the Boltzmann equation
including 2 ! 2 freeze-in processes becomes

ṅ� + 3Hn� ' h�vitr n�n
eq
 + h�vifi (neq

 )2 , (7)

where h�vifi is the total cross-section for   ! �� and
  ! � . Since n

eq
 � n�, a necessary condition for

transformation processes to be non-negligible compared
to traditional freeze-in is thus h�vifi ⌧ h�vitr. Once
the two terms on the r.h.s. of the above equation are of
a similar size, on the other hand, � ! �� will very
quickly take over due to the exponential growth of n�.

FIG. 4. Phase diagram of transformation (�tr) and freeze-in
(�fi) couplings that can result in the correct DM abundance,
for a fixed mass ratio m /m� = 1.2. Colored regions indicate
the respective mechanism that is responsible for thermal pro-
duction, while dashed lines show the required value of m�.
Gray regions would require a new heat bath particle  too
light to be compatible with constraints from BBN [41]. In
the light blue region an additional 2 ! 4 freeze-in contribu-
tion is expected.

We show the evolution of the DM abundance for this
scenario in Fig. 3, assuming for simplicity that all ampli-
tudes are constant. We also choose the same masses and
transformation couplings as in Fig. 2, to facilitate com-
parison. Instead of fixing the initial abundance, however,
we now fix the freeze-in coupling to result in the cor-
rect relic abundance (thus taking a vanishing DM abun-
dance as the initial condition). The above discussed three
phases – freeze-in, transformation, and the final flatten-
ing of the abundance evolution curve – are clearly visible
in the figure. We stress that this brings a new perspec-
tive to the widely studied freeze-in mechanism, which can
trigger a subsequent phase of exponential growth in a
rather natural way. It therefore becomes possible to sat-
isfy the relic density constraint with significantly smaller
couplings �fi than generally assumed, opening up new pa-
rameter space where freeze-in is relevant for setting the
DM energy density.

To further illustrate the last point we show in Fig. 4 a
full ‘phase diagram’ of the combination of couplings �tr

and �fi that allow the production of DM from the heat
bath, for a fixed mass ratio of m /m� = 1.2. At each
point in this plane, we thus adjust the mass m� such
that ⌦DMh

2 = 0.12 (with dashed lines indicating iso-
contours of m�). Depending on the couplings, the relic
abundance can be set via di↵erent mechanisms. In the
green (red) region, the relic is mainly set via freeze-in

Q: Is there a generic way to realize                         ? 
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FIG. 4. Diagrams for Bhabha-scattering-like transmission
(top row) and freeze-in (bottom row) processes for a sim-
ple virus-mediator model with fermion mass mixing, scaling
with the mixing angle as ✓ and ✓2, respectively. Also Møller-
scattering-like processes (involving only fermions, not anti-
fermions) contribute to the production of � through both
transmission and freeze-in, at the same orders in ✓.

transmission phase in a rather natural way (see also be-
low for concrete model building). It therefore becomes
possible to satisfy the relic density constraint with sig-
nificantly smaller couplings �fi than generally assumed,4

opening up new parameter space where freeze-in is rele-
vant for setting the DM energy density. Again, the trans-
mission couplings, �tr, needed for this purpose are only
logarithmically dependent on the freeze-in couplings.

Vector transmission model.— In the simple toy ex-
ample shown in Fig. 3 we treated freeze-in and transmis-
sion as completely independent processes, adjusting their
relative strength by hand to meet the necessary condition
for an IR-dominated initial outbreak, h�vifi ⌧ h�vitr.
We will now provide an explicit model where this condi-
tion is automatically satisfied in a simple and straight-
forward way. Concretely, we consider both  and � to
be Dirac fermions, with a tiny mass mixing �m. Addi-
tionally, we assume that � (but not  ) is charged under
a broken U(1)0, mediated by a massive vector V (the
‘virus’).5 The relevant parts of the Lagrangian are thus
given by L � ��m

�
 ̄�+ �̄ 

�
� g�̄ /V � . After diagonal-

izing the Lagrangian to new mass eigenstates, which for
ease of notation we again simply denote with  and �,
the relevant interaction terms are

L � �g
⇥
�̄ /V �+ ✓

�
 ̄ /V �+ �̄ /V  

�
+ ✓

2
 ̄ /V  

⇤
, (8)

4 Pure freeze-in without transmission (�tr = 0) would produce the
observed DM abundance if �fi ⇡ 6.39 ⇥ 10�11 for the masses
used in Fig. 3.

5 In fact transmission over some distance (air) can be at least as
e↵ective as infection via a contact interaction, as made painfully
clear in the current Covid-19 pandemic.

with ✓ ' �m/(m � m�) ⌧ 1 being the mixing angle.
Here we do not speculate further about the origin of
�m, but note in passing that it could be generated by
a Yukawa coupling to the same scalar whose vacuum ex-
pectation value is responsible for breaking the U(1)0.

As illustrated in Fig. 4, this simple setup leads to
both transmission and freeze-in processes, with relative
strengths given by h�vifi/h�vitr ⇠ ✓

2 ⌧ 1 as required.
We note that Møller-like scattering processes also need to
be taken into account for both transmission ( � ! ��)
and freeze-in (  ! ��) in this model, contributing at
the same order in ✓ as the Bhabha-scattering-like pro-
cesses explicitly shown in the figure. Other potential
DM production processes, such as   !  �, can be
safely neglected as they are suppressed by a further fac-
tor of ✓2. On the other hand, light vector mediators,
with mV < 2m�, would allow for unsuppressed DM an-
nihilation and inverse decay processes. While this would
somewhat complicate the description of the epi curves,
requiring to take into account additional terms in the
Boltzmann equation, this is a model building option that
allows for a rich phenomenology connected to late-time
DM observables.

Discussion.— The above example illustrates that
transmission is by no means restricted to specific model
realizations, but a general mechanism of DM produc-
tion that essentially interpolates between the tradition-
ally considered freeze-in and freeze-out regimes. At first
glance it may seem worrisome that the dark matter en-
ergy density depends exponentially on the transmission
cross section, implying that the cross section must be
carefully chosen to match observation. But this can be
turned around: in fact it implies that this mechanism is
highly predictive, as manifested by the logarithmic sen-
sitivity of the necessary cross section to the size of the
initial outbreak. We also note that exponential sensitiv-
ity is quite common in nature (beyond epidemics) and
for example is an implication of renormalization group
flows, where IR parameters can be exponentially sensi-
tive to UV parameters: the proton mass, e.g., depends
exponentially on the size of the strong coupling at high
energies [? ].

Let us finally stress that the mechanism proposed here
works for a large range of di↵erent particle masses, not
just the specific choice displayed in the epi curve ex-
amples, m� = 10GeV and m = 20GeV. We note
that primordial nucleosynthesis and the CMB constrain
an additional particle  in the SM heat bath to satisfy
m & 10 MeV [? ? ]; this could be lowered by consid-
ering the possibility of  being a SM particle. Even a
reverted mass hierarchy is possible, m� > m , in which
case it would be m� rather than m that determines
when the epi curves start to flatten. For m� > 3m ,
DM in general becomes unstable – but not necessarily on
cosmological time-scales (if only the contact interaction
shown in Fig. 1 is present, e.g., this decay would only oc-
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 (Torsten Bringmann) Thermal Production of DM ‒  26

Sterile neutrinos

An excellent, well-motivated 
dark matter candidate 

Production by SM processes: oscillations with active 
neutrinos, combined with NC and CC scatterings

Dodelson & 
Widrow, PRL ‘94

| Dark Matter from Exponential Growth | Paul Frederik Depta | 30 May 2022

Connection to sterile neutrinos

• Convenient way to realize : Two fermions 
with tiny mass mixing, only one (mostly ) 
interacts with some mediator via Yukawa coupling 

• After mass diagonalization: 

•  vertices  

•  vertices  

•  vertices  

• What if  further is in the SM? 

•  Sterile neutrino, mass-mixing with active, 
coupling between mediator and sterile in flavor-
space

λfi ≪ λtr
χ

χ̄χ ∝ cos2 θ ∼ 1
ψ̄χ ∝ cos θ sin θ ∼ θ
ψ̄ψ ∝ sin2 θ ∼ θ2

ψ
→
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Unfortunately, this 
scenario is ruled out 
by observations…

Fig.: Abazajian+, 2203.7377

X-ray lines

A right-handed neutrino would be 
neutral under all SM gauge forces 

SM fermions
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Interacting sterile neutrinos
TB, Depta, Hufnagel, Kersten, Ruderman & Schmidt-Hoberg, arXiv:2206.10630 

Let’s add a scalar    that only couples to the sterile neutrinos
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Connection to sterile neutrinos

16

Preliminary

ℒ ⊃ y
2 ϕν̄sνs → y

2 ϕ[sin2 θν̄ανα − sin θ cos θ(ν̄ανs + ν̄sνα) + cos2 θν̄sνs]

Preliminary

Initial condition: 
Dodelson-Widrow; 

Thermalization with
μs = μϕ/2 ≃ − 15Ts

Exponential growth
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Connection to sterile neutrinos

16

Preliminary

ℒ ⊃ y
2 ϕν̄sνs → y

2 ϕ[sin2 θν̄ανα − sin θ cos θ(ν̄ανs + ν̄sνα) + cos2 θν̄sνs]

Preliminary

Initial condition: 
Dodelson-Widrow; 

Thermalization with
μs = μϕ/2 ≃ − 15Ts

Exponential growth

Early times (~QCD PT): standard DW production
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FIG. 2. Left: Comparison of relevant rates for the benchmark points BP1 (solid lines) and BP2 (dashed lines) specified in
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process becomes inefficient and the final ⌫s abun-
dance is obtained. Afterwards, since both � and
⌫s are non-relativistic, the dark sector temperature
decreases with Td / a

�2 both before and after ki-
netic decoupling (right panel, black).

BP2 In this case the larger coupling y (needed to com-
pensate for the smaller ✓) leads to another pro-
cess impacting the evolution of the system: at
ms/T⌫ ⇠ 0.01, the rate for ⌫s⌫s ! �� (left panel,
cyan , and middle panel of Fig. 1) starts to be com-
parable to H. As � predominantly decays into ⌫s⌫s

(left panel, blue), this effectively transforms kinetic
energy to rest mass by turning 2⌫s to 4⌫s – very
similar to the reproductive freeze-in mechanism de-
scribed by Refs. [24, 61, 62]. As expected, this leads
to a significant drop in the temperature Td (right
panel, black). This process becomes inefficient for
Td ⌧ m�, due to the Boltzmann suppression of
�. Subsequently the rate for ⌫s⌫↵ ! � (left panel,
red) becomes comparable to H, leading to a phase
of exponential growth in the same way as for BP1.

Observational constraints.— Due to the mixing with
active neutrinos, ⌫s is not completely stable and subject
to the same decays as in the standard scenario for keV-
mass sterile neutrino DM. The strongest constraints on
these decays come from a variety of X-ray line searches.
We take the compilation of limits from Ref. [9], but
only consider the overall envelope of constraints from

Refs. [63–68]. Furthermore, we consider projections for
eROSITA [69], Athena [70], and eXTP [71].

Observations of the Lyman-↵ forest using light from
distant quasars place stringent limits on a potential
cutoff in the matter-power spectrum at small scales,
where the scale of this cutoff is related to the time
of kinetic decoupling, tkd. In our scenario this is de-
termined by DM self-interactions and we estimate tkd

from Hns = C⌫s⌫s!⌫s⌫s [72], where the collision term
C⌫s⌫s!⌫s⌫s is stated in the App. A full evaluation of
Lyman-↵ limits would require evolving cosmological per-
turbations into the non-linear regime, which is beyond
the scope of this work. Instead, we recast existing lim-
its on the two main mechanisms that generate such a
cutoff. At times t < tkd, DM self-scatterings prevent
overdensities to grow on scales below the sound hori-
zon rs =

R tkd
0 cs/a, where cs =

p
dP/d⇢ is the speed

of sound in the dark sector [73]. We use the results from
Ref. [74] for cold DM in kinetic equilibrium with dark ra-
diation (with cs = 1/

p
3) to recast the current Lyman-↵

constraint on the mass of a warm DM (WDM) thermal
relic mWDM > 1.9 keV [75] to the bound rs < 0.34 Mpc.
Overdensities are also washed out by the free streaming
of DM after decoupling. We evaluate the free-streaming
length as �fs =

R tnl
tkd

dthvi/a, where hvi = hp/Ei is the
thermally averaged DM velocity and we integrate up to
times tnl where structure formation becomes relevant at
redshifts of roughly z ⇠ 50. We translate the WDM con-
straint of mWDM > 1.9 keV to �fs < 0.24 Mpc, which
we will employ in the following also in our scenario. We
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FIG. 1. Relevant diagrams for dark sector thermalization,
⌫s⌫s ! �

⇤ ! ⌫s⌫s (left), increasing the dark sector number
density after initial DW production, ⌫s⌫s ! �� (middle), and
exponential growth of DM, ⌫s⌫↵ ! �

⇤ ! ⌫s⌫s (right). Since
� is (almost) on shell for the 2 ! 2 processes in the left and
right diagrams, it is sufficient to include the rates for ⌫s⌫s $ �

and ⌫s⌫↵ ! �. See text for further details.

Lagrangian terms are given by
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where repeated indices ↵ are summed over and the
spinors ⌫↵,s are left-handed. We will concentrate on the
case of heavy mediators, m� > 2 ms, for most of this let-
ter, but later also briefly discuss phenomenological con-
sequences of lighter mediators. We do not include any
mediator self-interactions; concretely, we will assume a
scalar potential where number changing interactions like
3� $ 2� and 4� $ 2� can be neglected compared to the
Hubble expansion.

We further assume, for simplicity and concreteness,
that ⌫s dominantly mixes only with the active neutrino
species ⌫e, and that ms � m↵. Expressed in terms of
mass eigenstates, which for ease of notation we denote by
the same symbols as flavor eigenstates, the interactions
of the mediator then take the form

L
int
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y
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c
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c
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+ sin2
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c
↵

◆
+ h.c. , (2)

where sin ✓ ' m↵s/(2ms) ⌧ 1. The unsuppressed cou-
plings among � and ⌫s turn out to be sufficiently strong
to equilibrate the dark sector during the new exponential
production phase that we consider below. On the other
hand, mass-mixing-induced interactions between ⌫s and
electroweak gauge bosons are suppressed by the Fermi
constant, GF , and will only be relevant in setting the
initial sterile neutrino abundance.

Evolution of ⌫s number density.— For an initially
vanishing abundance, in particular, the interactions in
Eq. (2) only allow freeze-in production of ⌫s. While
the corresponding rate scales as / sin4

✓, active-sterile
neutrino oscillations at temperatures above and around
⇤QCD ⇠ 150 MeV, in combination with neutral and
charged current interactions with the SM plasma, lead
to a production rate scaling as / sin2(2✓) [12]. Adopting
results from Ref. [57], we use the ⌫s number density, ns,
and energy density, ⇢s ⇠ hpins, that result from the DW

ms m� sin2(2✓) y

BP1 12 keV 36 keV 2.5 ⇥ 10�13 1.905 ⇥ 10�4

BP2 20 keV 60 keV 3.0 ⇥ 10�15 1.602 ⇥ 10�3

TABLE I. Parameter values for the two benchmark points
considered in Fig. 2.

mechanism. Once DW production is completed, and in
the absence of dark sector interactions, the expansion of
the Universe will decrease these quantities as ns / a

�3

and ⇢s / a
�4, respectively, where a is the scale factor.

Some time later various decay and scattering processes
(cf. Fig. 1) become relevant due to the new interactions
appearing in Eq. (2) and, for the parameter space we are
interested in here, eventually thermalize the dark sec-
tor via the (inverse) decays ⌫s⌫s $ �. From that point
on, the phase-space densities of ⌫s and � follow Fermi-
Dirac and Bose-Einstein distributions, respectively, that
are described by a common dark-sector temperature Td

as well as chemical potentials µs and µ�. Similar to the
situation of freeze-out in a dark sector [58], the evolution
of these quantities is determined by a set of Boltzmann
equations for the number densities ns,� and total dark
sector energy density ⇢ = ⇢� + ⇢s:

ṅs + 3Hns = Cns , (3)
ṅ� + 3Hn� = Cn� , (4)

⇢̇ + 3H(⇢ + P ) = C⇢ , (5)

where H ⌘ ȧ/a is the Hubble rate, P = Ps +P� is the to-
tal dark sector pressure, and Ci are the various collision
operators (see App. for details). With � $ ⌫s⌫s in equi-
librium, the chemical potentials are related by 2µs = µ�,
allowing us to replace the first two of the above equa-
tions with a single differential equation for ñ ⌘ ns +2n�.
Noting that ⇢ / a

�4 and ñ / a
�3 both right before and

after � $ ⌫s⌫s starts to dominate over the Hubble rate,
the initial conditions to the coupled differential equations
for ñ and ⇢ can then be determined at the end of DW
production.

In order to illustrate the subsequent evolution of the
system let us consider two concrete benchmark points,
cf. Tab. I, for which the sterile neutrinos obtain a relic
density that matches the observed DM abundance of
⌦DMh

2
' 0.12 [59], with a mixing angle too small to

achieve this with standard DW production. As demon-
strated in Fig. 2, with solid (dashed) lines for BP1

(BP2 ), this leads to qualitatively different behaviour:

BP1 Here the only additional process (beyond � $

⌫s⌫s) where the rate becomes comparable to H,
at ms/T⌫ ⇠ 0.2 with T⌫ the active neutrino tem-
perature, is ⌫s⌫↵ ! � (left panel, blue). This trig-
gers exponential growth in the abundance for both
⌫s and � (right panel, green and orange) through
⌫s⌫↵ ! �

⇤
! ⌫s⌫s, with � being (almost) on shell
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FIG. 1. Relevant diagrams for dark sector thermalization,
⌫s⌫s ! �

⇤ ! ⌫s⌫s (left), increasing the dark sector number
density after initial DW production, ⌫s⌫s ! �� (middle), and
exponential growth of DM, ⌫s⌫↵ ! �

⇤ ! ⌫s⌫s (right). Since
� is (almost) on shell for the 2 ! 2 processes in the left and
right diagrams, it is sufficient to include the rates for ⌫s⌫s $ �

and ⌫s⌫↵ ! �. See text for further details.
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where repeated indices ↵ are summed over and the
spinors ⌫↵,s are left-handed. We will concentrate on the
case of heavy mediators, m� > 2 ms, for most of this let-
ter, but later also briefly discuss phenomenological con-
sequences of lighter mediators. We do not include any
mediator self-interactions; concretely, we will assume a
scalar potential where number changing interactions like
3� $ 2� and 4� $ 2� can be neglected compared to the
Hubble expansion.

We further assume, for simplicity and concreteness,
that ⌫s dominantly mixes only with the active neutrino
species ⌫e, and that ms � m↵. Expressed in terms of
mass eigenstates, which for ease of notation we denote by
the same symbols as flavor eigenstates, the interactions
of the mediator then take the form

L
int
� =

y

2
�

✓
cos2✓ ⌫s⌫

c
s �

1

2
sin 2✓ [⌫↵⌫

c
s + ⌫s⌫

c
↵]

+ sin2
✓ ⌫↵⌫

c
↵

◆
+ h.c. , (2)

where sin ✓ ' m↵s/(2ms) ⌧ 1. The unsuppressed cou-
plings among � and ⌫s turn out to be sufficiently strong
to equilibrate the dark sector during the new exponential
production phase that we consider below. On the other
hand, mass-mixing-induced interactions between ⌫s and
electroweak gauge bosons are suppressed by the Fermi
constant, GF , and will only be relevant in setting the
initial sterile neutrino abundance.

Evolution of ⌫s number density.— For an initially
vanishing abundance, in particular, the interactions in
Eq. (2) only allow freeze-in production of ⌫s. While
the corresponding rate scales as / sin4

✓, active-sterile
neutrino oscillations at temperatures above and around
⇤QCD ⇠ 150 MeV, in combination with neutral and
charged current interactions with the SM plasma, lead
to a production rate scaling as / sin2(2✓) [12]. Adopting
results from Ref. [57], we use the ⌫s number density, ns,
and energy density, ⇢s ⇠ hpins, that result from the DW

ms m� sin2(2✓) y

BP1 12 keV 36 keV 2.5 ⇥ 10�13 1.905 ⇥ 10�4

BP2 20 keV 60 keV 3.0 ⇥ 10�15 1.602 ⇥ 10�3

TABLE I. Parameter values for the two benchmark points
considered in Fig. 2.

mechanism. Once DW production is completed, and in
the absence of dark sector interactions, the expansion of
the Universe will decrease these quantities as ns / a

�3

and ⇢s / a
�4, respectively, where a is the scale factor.

Some time later various decay and scattering processes
(cf. Fig. 1) become relevant due to the new interactions
appearing in Eq. (2) and, for the parameter space we are
interested in here, eventually thermalize the dark sec-
tor via the (inverse) decays ⌫s⌫s $ �. From that point
on, the phase-space densities of ⌫s and � follow Fermi-
Dirac and Bose-Einstein distributions, respectively, that
are described by a common dark-sector temperature Td

as well as chemical potentials µs and µ�. Similar to the
situation of freeze-out in a dark sector [58], the evolution
of these quantities is determined by a set of Boltzmann
equations for the number densities ns,� and total dark
sector energy density ⇢ = ⇢� + ⇢s:

ṅs + 3Hns = Cns , (3)
ṅ� + 3Hn� = Cn� , (4)

⇢̇ + 3H(⇢ + P ) = C⇢ , (5)

where H ⌘ ȧ/a is the Hubble rate, P = Ps +P� is the to-
tal dark sector pressure, and Ci are the various collision
operators (see App. for details). With � $ ⌫s⌫s in equi-
librium, the chemical potentials are related by 2µs = µ�,
allowing us to replace the first two of the above equa-
tions with a single differential equation for ñ ⌘ ns +2n�.
Noting that ⇢ / a

�4 and ñ / a
�3 both right before and

after � $ ⌫s⌫s starts to dominate over the Hubble rate,
the initial conditions to the coupled differential equations
for ñ and ⇢ can then be determined at the end of DW
production.

In order to illustrate the subsequent evolution of the
system let us consider two concrete benchmark points,
cf. Tab. I, for which the sterile neutrinos obtain a relic
density that matches the observed DM abundance of
⌦DMh
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' 0.12 [59], with a mixing angle too small to

achieve this with standard DW production. As demon-
strated in Fig. 2, with solid (dashed) lines for BP1

(BP2 ), this leads to qualitatively different behaviour:

BP1 Here the only additional process (beyond � $

⌫s⌫s) where the rate becomes comparable to H,
at ms/T⌫ ⇠ 0.2 with T⌫ the active neutrino tem-
perature, is ⌫s⌫↵ ! � (left panel, blue). This trig-
gers exponential growth in the abundance for both
⌫s and � (right panel, green and orange) through
⌫s⌫↵ ! �
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FIG. 1. Relevant diagrams for dark sector thermalization,
⌫s⌫s ! �

⇤ ! ⌫s⌫s (left), increasing the dark sector number
density after initial DW production, ⌫s⌫s ! �� (middle), and
exponential growth of DM, ⌫s⌫↵ ! �
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and ⌫s⌫↵ ! �. See text for further details.
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where repeated indices ↵ are summed over and the
spinors ⌫↵,s are left-handed. We will concentrate on the
case of heavy mediators, m� > 2 ms, for most of this let-
ter, but later also briefly discuss phenomenological con-
sequences of lighter mediators. We do not include any
mediator self-interactions; concretely, we will assume a
scalar potential where number changing interactions like
3� $ 2� and 4� $ 2� can be neglected compared to the
Hubble expansion.

We further assume, for simplicity and concreteness,
that ⌫s dominantly mixes only with the active neutrino
species ⌫e, and that ms � m↵. Expressed in terms of
mass eigenstates, which for ease of notation we denote by
the same symbols as flavor eigenstates, the interactions
of the mediator then take the form
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where sin ✓ ' m↵s/(2ms) ⌧ 1. The unsuppressed cou-
plings among � and ⌫s turn out to be sufficiently strong
to equilibrate the dark sector during the new exponential
production phase that we consider below. On the other
hand, mass-mixing-induced interactions between ⌫s and
electroweak gauge bosons are suppressed by the Fermi
constant, GF , and will only be relevant in setting the
initial sterile neutrino abundance.

Evolution of ⌫s number density.— For an initially
vanishing abundance, in particular, the interactions in
Eq. (2) only allow freeze-in production of ⌫s. While
the corresponding rate scales as / sin4

✓, active-sterile
neutrino oscillations at temperatures above and around
⇤QCD ⇠ 150 MeV, in combination with neutral and
charged current interactions with the SM plasma, lead
to a production rate scaling as / sin2(2✓) [12]. Adopting
results from Ref. [57], we use the ⌫s number density, ns,
and energy density, ⇢s ⇠ hpins, that result from the DW

ms m� sin2(2✓) y

BP1 12 keV 36 keV 2.5 ⇥ 10�13 1.905 ⇥ 10�4

BP2 20 keV 60 keV 3.0 ⇥ 10�15 1.602 ⇥ 10�3

TABLE I. Parameter values for the two benchmark points
considered in Fig. 2.

mechanism. Once DW production is completed, and in
the absence of dark sector interactions, the expansion of
the Universe will decrease these quantities as ns / a

�3

and ⇢s / a
�4, respectively, where a is the scale factor.

Some time later various decay and scattering processes
(cf. Fig. 1) become relevant due to the new interactions
appearing in Eq. (2) and, for the parameter space we are
interested in here, eventually thermalize the dark sec-
tor via the (inverse) decays ⌫s⌫s $ �. From that point
on, the phase-space densities of ⌫s and � follow Fermi-
Dirac and Bose-Einstein distributions, respectively, that
are described by a common dark-sector temperature Td

as well as chemical potentials µs and µ�. Similar to the
situation of freeze-out in a dark sector [58], the evolution
of these quantities is determined by a set of Boltzmann
equations for the number densities ns,� and total dark
sector energy density ⇢ = ⇢� + ⇢s:

ṅs + 3Hns = Cns , (3)
ṅ� + 3Hn� = Cn� , (4)

⇢̇ + 3H(⇢ + P ) = C⇢ , (5)

where H ⌘ ȧ/a is the Hubble rate, P = Ps +P� is the to-
tal dark sector pressure, and Ci are the various collision
operators (see App. for details). With � $ ⌫s⌫s in equi-
librium, the chemical potentials are related by 2µs = µ�,
allowing us to replace the first two of the above equa-
tions with a single differential equation for ñ ⌘ ns +2n�.
Noting that ⇢ / a

�4 and ñ / a
�3 both right before and

after � $ ⌫s⌫s starts to dominate over the Hubble rate,
the initial conditions to the coupled differential equations
for ñ and ⇢ can then be determined at the end of DW
production.

In order to illustrate the subsequent evolution of the
system let us consider two concrete benchmark points,
cf. Tab. I, for which the sterile neutrinos obtain a relic
density that matches the observed DM abundance of
⌦DMh

2
' 0.12 [59], with a mixing angle too small to

achieve this with standard DW production. As demon-
strated in Fig. 2, with solid (dashed) lines for BP1

(BP2 ), this leads to qualitatively different behaviour:

BP1 Here the only additional process (beyond � $

⌫s⌫s) where the rate becomes comparable to H,
at ms/T⌫ ⇠ 0.2 with T⌫ the active neutrino tem-
perature, is ⌫s⌫↵ ! � (left panel, blue). This trig-
gers exponential growth in the abundance for both
⌫s and � (right panel, green and orange) through
⌫s⌫↵ ! �

⇤
! ⌫s⌫s, with � being (almost) on shell

Reproductive 
freeze-in
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Sterile neutrinos… 
TB, Depta, Hufnagel, Kersten, Ruderman & Schmidt-Hoberg, arXiv:2206.10630 
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FIG. 3. Available parameter space in the sin2(2✓)�ms plane,
for m� = 3ms. The Yukawa coupling y (green lines) is chosen
such that the correct DM relic abundance is achieved every-
where below the DW line. Present and projected bounds from
X-rays (filled gray and black lines), Lyman-↵ (orange, pink)
and DM self-interactions (violet) are evaluated as described
in the text. The two benchmark points BP1 and BP2 from
Tab. I, see also Fig. 2, are indicated as red stars.

note that the WDM bounds from Ref. [76] are based on
marginalizing over different re-ionization histories. Fixed
re-ionization models tend to produce less conservative
constraints, which however illustrate the future poten-
tial of Lyman-↵ probes once systematic errors are fur-
ther reduced (mWDM > 5.3 keV [76], e.g., corresponds to
rs < 0.09 Mpc and �fs < 0.07 Mpc, respectively).

DM self-interactions are also constrained by a variety
of astrophysical observations at late times [77]. We adopt
�T /ms < 1 cm2

/g as a rather conservative limit, where
�T is the momentum transfer cross-section as defined in
Ref. [78]. Far away from the s-channel resonance we find
�T /ms ' y

4
ms/(4⇡m

4
�) + O(v2), largely independent of

the DM velocity v. For such cross sections cluster obser-
vations [79, 80], or the combination of halo surface den-
sities over a large mass range [81], can be (at least) one
order of magnitude more competitive than our reference
limit of �T /ms < 1 cm2

/g. [TB: further refs welcome!]
Viable parameter space for sterile neutrino DM.— In

Fig. 3 we show a slice of the overall available parameter
space for our setup in the sin2(2✓)�ms plane, for a fixed
mediator to DM mass ratio of m�/ms = 3. For every
point in parameter space the dark sector Yukawa cou-
pling y is chosen such that the sterile neutrino ⌫s makes
up all of DM after the era of exponential growth. In
the yellow region DW production can give the correct
relic abundance, including QCD and lepton flavor un-

certainties [58]; the dashed gray line corresponds to the
central prediction, which is the basis for our choice of ini-
tial conditions for number and energy densities of ⌫s. In
the blue region DM will be overproduced, ⌦⌫sh

2
> 0.12,

while the filled regions are excluded by bounds from X-
rays (gray), Lyman-↵ (orange) and DM self-interactions
(violet). The white region corresponds to the presently
allowed parameter space.

It is worth noting that, unlike in standard freeze-out
scenarios [82], later kinetic decoupling implies a shorter

free-streaming length in our case because the DS temper-
ature scales as Td / T

2
⌫ already before that point. At the

same time, the sound horizon increases for later kinetic
decoupling. The shape of the Lyman-↵ exclusion lines
reflects this, as kinetic decoupling occurs later for larger
values of y.

In Fig. 3 we also show the projected sensitivities of
the future X-ray experiments eROSITA [69], Athena [70],
and eXTP [71], which will probe smaller values of
sin2(2✓). Similarly, observables related to structure for-
mation will likely result in improved future bounds, or
in fact reveal anomalies that are not easily reconcil-
able with a standard non-interacting cold DM scenario.
While the precise reach is less clear here, we indicate
with dashed orange and violet lines, respectively, the im-
pact of choosing �fs < 0.12 Mpc, rs < 0.15 Mpc, and
�T /m < 0.1 cm2

/g rather than the corresponding lim-
its described further up. Overall, prospects to probe a
sizable region of the presently allowed parameter space
appear very promising.

Discussion.— While an X-ray line would be the
cleanest signature to claim DM discovery of the scenario
suggested here, let us briefly mention other possible direc-
tions. For example, the power-spectrum of DM density
perturbations at small, but only mildly non-linear, scales
may be affected in a way that could be discriminated
from alternative DM production scenarios by 21 cm and
high-z Lyman-↵ observations [83–86]. Another possibil-
ity would be to search for a suppression of intense astro-
physical neutrino fluxes due to � production on ⌫s DM
at rest. We leave an investigation of these interesting,
though rather challenging, avenues for future work.

We stress that the scenario presented here is much
more general than what the specific mass ratio of
m�/ms = 3 chosen for illustration in Fig. 3 may sug-
gest. Larger mass ratios, in particular, simply have the
effect of tightening (weakening) bounds on �fs (rs), be-
cause kinetic decoupling happens earlier, and to weaken
self-interaction constraints; this moves the viable param-
eter space shown in Fig. 3 to smaller mixing angles and
allows for a larger range of ms (cf. Fig. 5 in the App.).
Changing the interaction structure in the dark sector,
e.g. by charging the sterile neutrinos under a gauge sym-
metry, is a further obvious route for model building that
will not qualitatively change the new production scenario
suggested here.

New parameter space
Bounded from above and below
Significant parts in observational reach

Observational constraints
(Standard) X-ray lines 
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There are a handful of 
generic ways of DM 
genesis from primordial 
heat bath             
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Pandemic dark matter is a novel such 
mechanism. Mathematical analogy to spread 
of diseases works almost scarily well
[see arXiv v1 for exploiting most of it 😉]
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